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Interpretation of the I-Regime and Transport Associated with Relevant Heavy
Particle Modes

B. Coppi∗ and T. Zhou
Massachusetts Institute of Technology, Cambridge, MA, 02139

The excitation of a novel kind of heavy particle [1, 2] mode at the edge of the plasma column is
considered as the signature of the I-confinement Regime [3–7]. The outward transport of impurities
produced by this mode is in fact consistent with the observed expulsion of them from the main
body of the plasma column (a high degree of plasma purity is a necessary feature for fusion burning
plasmas capable of approaching ignition). Moreover, the theoretically predicted mode phase velocity,
in the direction of the electron diamagnetic velocity, has been confirmed by relevant experimental
analyses [8] of the excited fluctuations (around 200 kHz). The plasma “spontaneous rotation” in the
direction of the ion diamagnetic velocity is also consistent, according to the Accretion Theory [9] of
this phenomenon, with the direction of the mode phase velocity. Another feature of the mode that
predicted by the theory is that the I-Regime exhibits a knee of the ion temperature at the edge of
the plasma column but not one of the particle density as the mode excitation factor is the relative
main ion temperature gradient exceeding the local relative density gradient. The net plasma current
density appearing in the saturation stage of the relevant instability, where the induced particle and
energy fluxes are drastically reduced, is associated with the significant amplitudes of the poloidal
magnetic field fluctuations [6, 7] observed to accompany the density fluctuations. The theoretical
implications of the significant electron temperature fluctuations [10] observed are discussed.

PACS numbers: 52.55.Tn, 52.35.Kt, 52.25.Fi, 52.25.Vy
Keywords: I-Regime; impurity; heavy particle mode; fluctuations

1. INTRODUCTION

The collective modes that are associated with the pres-
ence of heavy particle populations in a hydrogenic plasma
have been found originally [1] in the context of predict-
ing the transport of impurities that could be observed by
the experiments. Recent investigations of the so called
I-Regime by the Alcator C-Mod experimental machine
have brought to light features of this regime that can be
explained by the excitation of a new kind of heavy par-
ticle mode at the edge of the plasma column [2]. This
mode involves both density and magnetic field fluctua-
tions. The transport of impurities that is produced by
it is outward, that is in the direction of their assumed
density gradient, while the main plasma ions are trans-
ported inward. These features are consistent with a mode
having a frequency about 200 kHz that has been found
experimentally in the I-Regime and with the observation
that, in this regime, impurities are expelled toward the
edge of the plasma column [3–7]. These modes have a
phase velocity in the direction of the electron diamag-
netic velocity, a feature that was found first theoretically
[2] and that has been later observed experimentally [8].
The mode is dissipative in that its growth rate depends
inversely on the effective finite longitudinal thermal con-
ductivity of the main ion population for which the rel-
ative temperature gradient exceeds the relative density
gradient. Under this condition, the mode driving factor
is a combination of finite impurity temperature and of
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the main ion temperature gradient. The observed spon-
taneous rotation is in the direction of the main ion dia-
magnetic velocity and is assumed, according to the Ac-
cretion Theory [9], to originate from a recoil process at
the edge of the plasma column associated with ejection
of angular momentum in the opposite direction by the
considered mode. The electromagnetic fluctuations [6, 7]
that are observed experimentally together with the den-
sity fluctuations are explained as related to the vanishing
of the fluxes of the main ion and impurity populations in
the saturated stage of the relevant instability. The as-
sumption made that the effects of the longitudinal (to
the magnetic field) thermal conductivity for the heavy
particle population are relatively small are crucial for the
validity of the presented theory. The surprising observa-
tion of significant electron temperature fluctuations [10]
is associated with a process [11] that can decrease the
longitudinal electron thermal conductivity relative to its
collisional value.

This paper is organized as follows. In Section 2 we de-
rive a model dispersion relation referring to a plane geom-
etry simulating relevant confinement configurations. The
longitudinal thermal conductivity of the main ion popu-
lation as well as that of the electrons is considered to be
relatively large. In Section 3 a discussion of the model
dispersion relation is given relating it to that previously
known [1] for impurity driven modes. In Section 4 the
newly found mode with frequency relatively close to the
impurity acoustic frequency is shown to become unstable
as a result of the combined effects of the radial tempera-
ture gradient and of the longitudinal thermal conductiv-
ity of the main ion population. In Section 5 the consid-
ered mode is shown to produce an inward transport of the
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main ion population and an outward transport of the im-
purity population [12]. The thermal energy of the main
ion population is transported outward as well. A relative
density gradient of the impurity population toward which
this is expected to evolve and for which the mode growth
rate vanishes is identified. In Section 6 the geometrical
characteristics [13] of the mode that can be excited in
a simplified toroidal confinement configuration are de-
scribed. Then the theory for the density fluctuations of
the main ion population is carried out for the relevant
collisionless regime. In Section 7 we extend the deriva-
tion of the dispersive dispersion relation obtained in Sec-
tion 2 by deriving the normal mode equation appropriate
for the toroidal mode representation [12–14] discussed in
Section 6. In Section 8 we evaluate the effects of the fi-
nite longitudinal main ion thermal conductivity for the
toroidal modes considered earlier and the corresponding
effects of the relevant mode particle resonances. In Sec-
tion 9 we propose an explanation, consistently with the
experimental observations, for the magnetic field fluctua-
tions accompanying the density perturbations that have
been observed. Thus the limitations of the electrostatic
approximation adopted in the previous sections are made
evident. In Section 10 we discuss the experimental obser-
vations of electron temperature fluctuations in the con-
text of the considered mode. In Section 11 we discuss
the processes that can be involved in the onset of the
observed spontaneous rotation. In Section 12 the main
conclusions are given based on the theory presented in
the earlier sections.

2. PLANE GEOMETRY FORMULATION

In order to identify the main characteristics of the
modes of interest we consider a plane plasma configu-
ration where the equilibrium magnetic field B ' B ez
and all quantities depend on x in the unperturbed state.
The plasma components are the electrons with density
ne(x), the main ion population with density ni(x) and
Z = 1 and the impurity population with density nI(x)
and mass number AI � 1. Clearly ne = ni + ZnI . We
use standard symbols and limit our analysis to electro-

static modes represented by Ê ' −∇φ̂.
The simplest model of the modes that we shall consider

for a toroidal configuration is of the standing type along
the magnetic field and propagating across it,

φ̂ = φ̃ (x) sin (kqz) exp (−iωt+ ikyy) . (2.1)

Since the expected dispersion relation depends on k2
q , we

may consider, instead of standing modes represented by
Eq. (2.1), propagating modes along the magnetic field,
for which

φ̂ = φ̃ (x) exp (−iωt+ ikqz + ikyy) , (2.2)

where, for the sake of simplicity, we consider k2
y �∣∣∣ 1

φ̃

d2φ̃
dx2

∣∣∣. The relevant longitudinal phase velocities are

in the range

v2
thI < |ω/kq |2 < v2

thi < v2
the (2.3)

where v2
thj ≡ 2Tj/mj , j = i, e and I. Under these con-

ditions the key equations that describe the modes of in-
terest are

Zn̂I ' n̂e − n̂i (2.4)

0 ' −ikqn̂eTe + ikqeneφ̂ (2.5)

0 ' −ikqn̂iTi − ikqeniφ̂ (2.6)

where n̂I , n̂i and n̂e indicate the density perturbations of
the involved particle populations. Moreover,

−iωn̂I + v̂Ex
dnI
dx

+ ikqnI ûIq ' 0, (2.7)

v̂Ex = −ikyc φ̂
/
B (2.8)

and

−iωnImI ûIq ' −ikq
(
n̂ITI + nI T̂I

)
− ikqeZnI φ̂.

(2.9)

The thermal energy balance for the impurity popula-
tion in the limit of negligible thermal conductivity is

3

2
nI

(
−iωT̂I + v̂Ex

dTI
dx

)
+ ikqnITI ûIq ' 0 (2.10)

where

ûIq '
ω

kq

n̂I
nI

+ i
v̂Ex
kq

1

nI

dnI
dx

.

Here we assume that Te ' Ti ' TI . Moreover, if we con-
sider the impurity density profile to be relatively peaked,

that is
∣∣∣ 1
TI

dTI

dx

∣∣∣� ∣∣∣ 1
nI

dnI

dx

∣∣∣, Eq. (2.10) reduces simply to

T̂I
TI
' 2

3

(
n̂I
nI

+ i
v̂Ex
ω

1

nI

dnI
dx

)
, (2.11)

or

ûIq '
3

2

ω

kq

T̂I
TI

; (2.12)

and Eq. (2.9) to

T̂I
TI
' 2

5

ω2
IA

ω2 − 2ω2
IA/5

(
n̂I
nI

+
Zeφ̂

TI

)
(2.13)

where ω2
IA ≡ 5k2

qTI/ (3mI). Then Eq. (2.11) and (2.13)
give rise to

ω
(
ω2 − ω2

IA

) n̂I
nI

+

[
ωI∗∗

(
ω2 − 2

5
ω2
IA

)
− 3

5
ωω2

IA

]
Zeφ̂

TI
= 0

(2.14)
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where ωI∗∗ ≡ (ckyTI/ZeB ) (dnI/dx /nI).
By combining Eq. (2.4), (2.5) and (2.6) we have

Zn̂I ' eφ̂ ¯̄n
/

¯̄T (2.15)

where ¯̄n
/

¯̄T ≡ ni/Ti + ne/Te .

Finally, Eqs. (2.14) and (2.15) lead to the dispersion
relation(

ω2 − ω2
IA

)
(ω + ω∗I) = ω2

SI

(
ω − ωI∗∗

)
, (2.16)

where

ω2
SI ≡

3

5
ω2
IA∆, ∆ ≡ Z2nI

¯̄n

¯̄T

TI
and ω∗I ≡ ωI∗∗∆.

3. DISCUSSION OF THE MODEL DISPERSION
RELATION

We observe that, for the derivation of dispersion re-
lation (2.16), the thermal conductivity of the main ion
population has been considered to be large while that of
the impurity population has been considered to be neg-
ligibly small.

Now we note that the dispersion relation for the known
“impurity” [1] driven modes

ω (ω + ω∗I)− ω2
SI = 0 (3.1)

does not involve the frequencies ω2
IA or ωI∗∗ as it is derived

in the “hypersonic” limit where ω2 > 2TI k
2
q
/
mI and

ω ∼ ω∗I ∼ ωSI . In this limit we have an “impurity drift”
mode

ω ' −ω∗I for ω2
SI < ω2

∗I
/

4 , (3.2)

that has a phase velocity in the direction of the ion dia-
magnetic velocity vdi and an “impurity sound” mode

ω ' ωSI − ω∗I/2 for ω2
SI > ω2

∗I
/

4 , (3.3)

that has a phase velocity in the opposite (electron dia-
magnetic) direction. Clearly, the hypersonic condition
applied to the root (3.3) requires that ∆ > 2.

We observe that an evident solution of Eq. (2.16) is

ω = ωIA = ωI∗∗. (3.4)

More generally, if we consider the case where ∆ < 1 and a
mode with a phase velocity in the direction of the electron
diamagnetic velocity (ω > 0 for ky > 0) the approximate
solution of Eq. (2.16) is

ω ' ωIA +
3

10
∆
(
ωIA − ωI∗∗

)
. (3.5)

As will be shown this mode can be driven unstable by
the local temperature gradient of the main ion popula-
tion for ωI∗∗ < ωIA. In particular, we can argue that (see

Section 5) the transport of the impurity population to-
ward the edge of the plasma column raises the value of
dnI/dx/nI until the marginal stability condition (3.4)
is reached.

Finally, in order to analyze the cubic equation (2.16)
in more detail we define ω̄ ≡ ω/ωSI and U ≡ ω∗I/ωSI
and rewrite it as

f (ω̄, U) ≡
[
ω̄2 − 5/(3∆)

]
(ω̄ + U)− (ω̄ − U/∆) = 0.

(3.6)

Obviously, this dispersion function reduces to that in
Eq. (3.1) when ∆ � 1. We observe that there are three
roots of Eq. (2.16) separated by one local maximum and
one minimum of f (ω̄, U). Two of the roots are negative,
and the other is positive as shown in Fig. 1. The positive
root corresponds to the mode in the direction of the elec-
tron diamagnetic velocity represented by Eq. (3.5) in the
relevant asymptotic limit. Fig. 2 shows how the new root
ω̄2 emerges and how the two roots ω̄1 and ω̄3 continue
when ∆ varies from above 1 to below it.

FIG. 1: Graphic representation of the solution of Eq. (3.6) for
∆ = 0.3 and U = 1.

4. “DISSIPATIVE” EFFECTS

The analysis of the data concerning the I-Regime of
which a sample is given in Appendix indicates that the
main ion population has to be treated as collisionless.
Considering a plane geometry derivation for by the rel-
evant mode-particle resonance (ω = kqvq) can be evalu-
ated easily. On the other hand, a good insight on the

FIG. 2: The arrows indicate how roots move when ∆ varies
from ∆ � 1 to ∆ < 1.
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effect of this can be given by considering the effect of fi-
nite longitudinal thermal conductivity in the limit where
Dth

qi k
2
q > |ω|, Dth

qi being the main ion longitudinal ther-
mal diffusion coefficient. Then, considering for simplicity
the case where the thermal energy balance equation for
the main ion population reduces to

v̂Ex
dTi
dx

(
1− 2

3ηi

)
' −k2

qD
th
qi T̂i, (4.1)

where ηi = (d lnTi/dx )/(d lnni/dx ) , and

n̂i
ni
' −eφ̂

Ti
− T̂i
Ti
' −eφ̂

Ti
(1 + iε′i) (4.2)

where ε′i ≡
[
ωT∗i
/(
k2
qD

th
qi
)]

[1− 2/(3ηi) ] and ωT∗i ≡
(cky/eB ) (dTi/dx ). Then the quasi-neutrality condition
becomes

Zn̂I '
eφ̂
¯̄T

¯̄n (1 + iεi) (4.3)

where εi ≡
(
ni

¯̄T
/

¯̄nTi

)
ε′i. Consequently, the dispersion

relation becomes(
ω2 − ω2

IA

)
[ω (1 + iεi) + ω∗I ] =

3

5

(
ω − ωI∗∗

)
ω2
IA∆.

(4.4)

We consider, for instance, ∆ < 1 and take ω = ωIA+ δω.
Then we have

δω [ωIA (1 + iεi) + ω∗I ] '
3∆

10

(
ωIA − ωI∗∗

)
ωIA (4.5)

that is

Imδω ' −3

5

εi∆(
1 + ω∗I

ωIA

)2

+ ε2
i

(
ωIA − ωI∗∗

)
. (4.6)

Therefore, for dTi/dx < 0, ηi >
2
3 and ky > 0 (phase

velocity in the electron diamagnetic velocity direction)
the dispersion equation gives a positive growth rate when
ωIA > ωI∗∗.

The longitudinal thermal conductivity of the impurity
population, when included in the theory, introduces a
damping for the considered mode. In particular, if con-
sider the limit where ω ' ωIA+ δω and Dth

qI k
2
q
/
ωIA < 1,

Dth
qI being the longitudinal thermal diffusion coefficient

for the impurity population, we obtain the damping

ImδωD ' −
2

15
k2
qD

th
qI . (4.7)

Finally, we note that considering collisionless regimes
instead of Eq. (4.2) we obtain, for the same plane one
dimensional model,

n̂i
ni
' −eφ̂

Ti

[
1 + i

√
π

ωT∗i
|kq| vthi

(
1

2
− 1

ηi

)]
. (4.8)

We observe that in this case the one-dimensional nature
of the mode-particle resonance leads to increase the criti-
cal value of ηi by a factor 3 relative to that found with the
finite thermal conductivity model as shown by Eq. (4.2).

5. QUASI-LINEAR TRANSPORT

The directions of the particle flows produced by the
considered mode can be estimated by the quasi-linear
approximation that, for the sake of simplicity, we apply
to the plane geometry model analyzed in the previous
sections. In particular, we indicate conventional averages

over y and z by 〈 〉 and note that, since n̂e and φ̂ are in
phase,

Γe = 〈n̂ev̂Ex〉 = 0 (5.1)

that is, there is no net electron flow. Therefore, charge
conservation requires that

Z 〈n̂I v̂Ex〉 = −〈n̂iv̂Ex〉 (5.2)

and if the transport of the main ion population is in-
ward that of the impurity is outward. In particular, since

〈n̂iv̂Ex〉 = −ni
〈
T̂iv̂Ex

〉/
Ti we obtain

〈n̂iv̂Ex〉 '
1

Ti

dTi
dx

ni
k2
qD

th
qi

〈
|v̂Ex|2

〉(
1− 2

3ηi

)
, (5.3)

after using Eq. (4.2). This shows that the main ion trans-
port is inward for ηi > 2/3 , while the impurity transport
is outward, a feature consistent with the fact that the
impurities are observed to be confined at the edge of the
plasma column in the I-Regime. As indicated earlier, we
expect that the mode will increase (dnI/dx )/nI until
the condition (3.5) will be reached.

Clearly, the effective transverse diffusion coefficient,

Deff
⊥i , for the main ion thermal energy that can be in-

ferred from Eq. (5.3) for reasonable estimates (see, for
instance, Ref. [15]) of |v̂Ex| will tend to increase as the
mode transverse wavelengths increase. Therefore it is
important to obtain information on the dependence of
the mode wavelengths on the main plasma parameters
from the experiments and correlate them with the in-
ferred scaling for the corresponding energy confinement
times. Now in spite of the advances made in the investi-
gation of the I-Regime this information is still missing.

Therefore we may consider the condition (3.4) that
gives the perpendicular wavenumber k⊥,

kq
k⊥

(
5TI
3mI

)1/2

' cTI
ZeB

1

nI

dnI
dx

, (5.4)

and, since kq ' l0/ (qR0) (see Section 6), we argue that
the perpendicular wavelength λ⊥ = 2π/k⊥ has the most
significant and favorable dependence on the magnetic

field. Then we may suggest that Deff
⊥i should depend

on the other plasma parameters mostly through their re-
lationship to the mode mode growth rate Imδω.

6. TOROIDAL MODES

We refer to the simplest model of a toroidal configura-
tion having magnetic surfaces with circular cross sections
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and large aspect ratios (ε0 ≡ r/R0 � 1) represented by

B ' 1

1 + ε0 cos θ
[Bζ (r) eζ +Bθ (r) eθ] . (6.1)

The electrostatic modes that are radially localized
around a given magnetic surface r = r0 and can be
excited in this configuration, where magnetic shear is
present, are described by the potential

φ̂ ' φ̃ (r0, θ) exp
{
−iωt+ in0 [ζ − q (r) θ] (6.2)

+in0
[
q (r)− q0

0

]
F (θ)

}
.

Here q (r) = rBζ/(RBθ) is the unwinding parameter, n0

is the toroidal mode number and φ̃ (r0, θ) is a periodic
function of θ with ∣∣∣∣∣ 1φ̃ dφ̃dθ

∣∣∣∣∣� n0q0
0 ,

q0
0 = m0

/
n0 = q (r = r0), m0 � 1 is an integer and

r = r0 is a rational surface. Moreover, F (θ) is an odd
function of θ that is vanishing for −π < θ < π, with

F (θ = ±π) = ±1 and ensures that φ̂ is a periodic func-
tion of θ while q (r) 6= q0

0 . In particular, the conditions

φ̃ = 0 and dφ̃
/
dθ = 0 are chosen for |θ| = π. In previous

literatures this has been referred to as the “disconnected
mode approximation” [12–14] and adopted to describe

ballooning modes for which φ̃ (r0, θ) is an even function
of θ and it has maximum at θ = 0. For the radially
localized modes we consider q (r) ' q0

0 [1 + ŝ (r/r0 − 1)]
where ŝ ≡ d ln q/d ln r is the magnetic shear parameter.
We note that for −π < θ < π

B · ∇φ̂ ' Bθ
r0

dφ̃

dθ

φ̂

φ̃
. (6.3)

The considered equilibrium distribution for the main
ion population is

fi ' fMi (1 + ∆i) (6.4)

where

fMi =
ni (r)[

2π Ti(r)
mi

]3/2 exp

[
− E
Ti (r)

]
, (6.5)

∆i ' −
vζ
Ωiθ

[
1

ni

dni
dr
− 1

Ti

dTi
dr

(
3

2
− E
Ti

)]
, (6.6)

E = (mi/2)
(
v2
q + v2

⊥
)

and Ωiθ = eBθ/(mic). Then, fol-
lowing a standard procedure,

f̂i = − e

Ti
fMi

[
φ̂+ i

(
ω − ωT∗i

) ∫ t

∞
dt′φ̂ (t′)

]
(6.7)

where the integration is taken along unperturbed particle
orbits,

ωT∗i (E) ≡ ωi∗
[
1− ηi

(
3

2
− E
Ti

)]
, (6.8)

ωi∗ ≡ −
n0

R0

cTi
eBθ

1

ni

dni
dr

(6.9)

and

ηi ≡
d lnTi
dr

/
d lnni
dr

. (6.10)

Modes for which φ̃ (r0, θ) is even or odd in θ have different
characteristics. In particular, the average potential

φ̃(0) (E , µ) =

∮
dl

|vq|
φ̃ (l)

/∮
dl

|vq|
, (6.11)

where dl = qR0dθ, vanishes when φ̃ (r0, θ) is an odd func-
tion of θ. This is the case we consider. Therefore, the
relevant modes will not “see” the locally (in θ) unfavor-
able curvature “seen” by the trapped (main) ions. In
particular, we take

φ̃ (r0, θ) = φ̃0 (r0) sin (l0θ)

{
1− exp

[
− (π − |θ|)2

δ2
0

]}
(6.12)

where δ0 � 1 and l0 is an integer, the modes we consider
have frequency

ω2 < l20ω̄
2
ti (6.13)

where ω̄ti = vthi/ (qR0) is the average transit frequency
for circulating particles. This has the property that

dφ̃
/
dθ = 0 for |θ| = π where F (θ) = ±1.

We observe that an even mode that vanishes at θ = ±π
would be represented, for instance, by

φ̃ (r0, θ) = φ̃0 (r0) [1 + cos (l0θ)] (6.14)

where l0 is an odd integer. As we can verify [see Eq. (8.4)]

this function does not give the expression for T̂i that is
relevant to the theory presented here.

Then, referring to the circulating particle population
and adopting the form (6.2) for the considered modes we
employ the decomposition

φ̃ (r0, θ) =
∑
|p0|≥1

φ̃(p0) (E ,Λ, r0) exp
[
ip0σωtt (θ)

]
, (6.15)

where Λ ≡ µB0/E , ωt (E ,Λ) ≡ 2π/τt, τt =
∫ π
−π dθ

/∣∣∣θ̇∣∣∣
is the transit period for the main ion popula-

tion, t (θ) =
∫ θ

0
dθ
/∣∣∣θ̇∣∣∣ , θ̇ = vq/(qR0) , vq =
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σ [2E/mi]
1/2

(1− ΛB/B0)
1/2

and σ = sgn (vq). Clearly,

φ̃(p0) (E , µ) =
1

τt

∫ π

−π

dθ∣∣∣θ̇∣∣∣ φ̃ (r0, θ) exp
[
−ip0σωtt (θ)

]
.

(6.16)

We neglect the relevant magnetic field curvature and
gradient drifts and obtain∫ t

−∞
dt′φ̂ (t′) = i

∑
|p0|≥1

φ̃(p0) (E ,Λ, r0)

ω − p0σωt
exp

[
i
(
p0σωt

)
t (θ)

]
· exp

[
−iωt+ in0 (ζ − qθ)

]
.

Then, referring to Eq. (6.7),

n̂i = −eφ̂
Ti
ni −

e

Ti

∫
d3vfMi

[
ω − ω∗i

(
1− 3

2
ηi +

E
Ti
ηi

)]
·
∑
|p0|≥1

φ̃(p0) (E ,Λ, r0)

ω − p0σωt
exp

[
ip0σωtt (θ)

]
(6.17)

· exp
[
−iωt+ in0 (ζ − qθ)

]
.

Referring to p0 harmonics such that ω <
∣∣p0ωt

∣∣,
1

ω − p0σωt
' −

[
1

p0σωt
+

ω

(p0σωt)
2 + iπδ

(
ω − p0σωt

)]
.

(6.18)

Thus,

n̂i ' −
e

Ti

{
niφ̂+ iπωi∗

[ ∫
d3vfMi

(
1− 3

2
ηi +

E
Ti
ηi

)
·
∑
|p0|≥1

φ̃(p0) (E ,Λ, r0) exp
[
i
(
p0σωt

)
t (θ)

]
(6.19)

·δ
(
ω − p0σωt

)
exp

[
−iωt+ in0 (ζ − qθ)

] ]}
.

For the analysis that follows (Section 8) it is convenient
to evaluate the quadratic form∫ π

−π
dθφ̂∗n̂i ' −

eni
Ti

{
I0 + i

√
π

3
ωi∗
∑
σ

∫ 1−ε0

0

dΛL (Λ, ε0)

·
∫ ∞

0

dE
Ti

√
E
Ti

exp

(
− E
Ti

)[
1−

(
3

2
− E
Ti

)
ηi

]
·
∑
|p0|≥1

∣∣∣φ̃(p0) (E ,Λ, r0)
∣∣∣2 δ (ω − p0σωt

)}
(6.20)

where L (Λ, ε0) ≡ 1
2π

∫ π
−π dθ [1− Λ/(1 + ε0 cos θ)]

−1/2

and I0 ≡
∫ π
−π dθ

∣∣∣φ̃ (r0, θ)
∣∣∣2 = π

∣∣∣φ̃0 (r0)
∣∣∣2 for the eigen-

function given in Eq. (6.12). Finally, we observe that
given the sign chosen in Eq. (6.2), the wave number
used for the plane one-dimensional model ky corresponds
to −m0

/
r . Therefore, the phase velocity of a mode is

ωR0

/
n0 in the toroidal direction and −ωr0

/
m0 in the

poloidal direction.

7. SIMPLEST TOROIDAL DISPERSION
RELATION

The simplest theoretical formulation of the modes of
interest for a toroidal geometry can be based on the fol-
lowing equations

n̂e '
eφ̂

Te
ne, (7.1)

n̂i ' −
eφ̂

Ti
ni, (7.2)

Zn̂I = n̂e − n̂i, (7.3)

n̂I ' −
V̂ rE
ω

dnI
dr

+
nI
iω
∇qûIq, (7.4)

where

V̂ rE ≡ −
m0

r0

c

B
φ̂, (7.5)

∇qûIq '
(

1

qR0

1

ũIq

dũIq
dθ

)
ûIq. (7.6)

Moreover,

nI ûIq '
1

iωmI
∇q

[
p̂I + ZenI φ̂

]
, (7.7)

p̂I = n̂ITI + nI T̂I '
5

3
TI n̂I +

2

3
TI
V̂ rE
ω

dnI
dr

, (7.8)

where we have considered∣∣∣∣ 1

nI

dnI
dr

∣∣∣∣� ∣∣∣∣ 1

TI

dTI
dr

∣∣∣∣ , (7.9)

TI ∼ Ti ∼ Te, ω � Dth
qI∇2

q that corresponds to neglecting
the longitudinal ion thermal conductivity for the impu-
rity population and

∇2
q '

1

(qR0)
2

1

φ̃

d2φ̃

dθ2
. (7.10)

In particular, we retrace the steps that lead to the
dispersion relation (2.16) and we obtain

(ω + ω∗I)

(
ω2 + ω̄2

IA

d2

dθ2

)
φ̃+ ω̄2

SI

(
ω − ωI∗∗

) d2φ̃

dθ2
= 0,

(7.11)

where ω̄2
IA ≡ (5/3)TI

/(
mIq

2R0
2
)

and ω̄2
SI ≡(

Z2nI
/

¯̄n
) ¯̄T
/(
mIq

2R0
2
)
. Therefore, we may consider

the appropriate solution to be of the form represented in
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Eq. (6.12), where we take l0 ≥ 9 to ensure that ω2 < l20ω̄
2
ti

referring to the parameters quoted in Appendix and to
the experiments carried out by the Alcator C-Mod ma-
chine. In particular, for R0 ' 68 cm, Ti ' 600 eV and
q ' 2.5 we have ω̄ti ' 1.4×105 Hz ' 8.9×105 rad · sec−1.
Therefore we may take l0 ≥ 9. The relevant dispersion
relation is(

ω2 − ¯̄ω2
IA

)
(ω + ω∗I) =

(
ω − ωI∗∗

)
¯̄ω2
SI , (7.12)

where ¯̄ω2
IA ≡ ω̄2

IAl
2
0, and ¯̄ω2

SI ≡ ω̄2
SI l

2
0, and we have re-

turned to consider a dispersion equation that is very close
to that obtained for the simplest plane geometry model.

8. MODE-PARTICLE RESONANCE EFFECTS

The considered mode can acquire a growth rate by a
resonant interaction with the main ion population repre-
sented by

ω = p0σωt (E , µ) = p0σ
2π

qR0

/∫ π

−π

dθ

|vq|
(8.1)

with p0σ > 0. We note that the effect of the mode-
particle resonance (8.1) can be simulated by a finite lon-
gitudinal thermal conductivity as was done for the plane
geometry model if odd parity modes are considered. In
particular, for |ω| < l0ω̄ti

n̂i
ni
' −eφ̂

Ti
− T̂i
Ti

(8.2)

where
n̂i
φ̂

T̂i

 =


ñi (θ)

φ̃ (θ)

T̃i (θ)

 exp
{
−iωt+ in0 [ζ − q (r) θ] (8.3)

+in0
[
q (r)− q0

0

]
F (θ)

}
,

−iṼ rE
(

1− 2

3ηi

)
dTi
dr
'

Dth
qi

(qR0)
2

d2

dθ2
T̃i (θ) (8.4)

and

Ṽ rE ≡ −
c

B

m0

r0
φ̃ (θ) ,

where φ̃ (θ) is given in Eq. (6.12).
Therefore, by directly integrating Eq. (8.4) we obtain

T̃i ' ieωT∗i
(qR0)

2

l20D
th
qi

(
1− 2

3ηi

)
φ̃0 (r0) sin (l0θ) (8.5)

where

ωT∗i ≡ −
m0

r0

c

eB

dTi
dr

.

It follows from Eqs. (8.2), (8.5) and (6.12) that

1

ni

∫ π

−π
dθφ̃ (θ) ñi (θ)

' −eI0
Ti

[
1 + iωT∗i

(qR0)
2

l20D
th
qi

(
1− 2

3ηi

)]
. (8.6)

Then, by virtue of the quasi-neutrality [Eq. (7.3)]

Z

∫ π

−π
dθñI (θ) φ̃ (θ) =

e¯̄n
¯̄T
I0 (1 + iε̄i) , (8.7)

where

ε̄i ≡
ni
¯̄n

¯̄T

Ti
ωT∗i

(qR0)
2

l20D
th
qi

(
1− 2

3ηi

)
, (8.8)

and instead of Eq. (7.12) we are led to consider(
ω2 − ¯̄ω2

IA

)
[ω (1 + iε̄i) + ω∗I ] =

(
ω − ωI∗∗

)
¯̄ω2
SI . (8.9)

Clearly, the conclusions on the mode stability reached in
Section 4 can be extended to this case.

If we consider the collisionless limit where the mode-
particle resonances discussed in Section 6 become impor-
tant, then the dispersion relation (8.9) can be used with
ε̄i being replaced by

¯̄εi ≡
√
π

3
ωi∗

I0

∑
σ

(∫ Λ0

0

dΛ +

∫ 1−ε0

Λ0

dΛ

)
L (Λ, ε0) (8.10)

·
∫ ∞

0

dE
Ti

√
E
Ti

exp

(
− E
Ti

)[
1−

(
3

2
− E
Ti

)
ηi

]
·
∑
|p0|≥1

∣∣∣φ̃(p0) (E ,Λ, r0)
∣∣∣2 δ (ω − p0σωt

)
,

which can be read off in Eq. (6.20). Here the interval
0 ≤ Λ < Λ0 < 1 − ε0 refers to well circulating particles

for which ω̄ti ' vq/(qR0), p0 ' ±l0 and φ̃(p0) (E , µ) '
φ̃(±l0) (E , µ). Therefore,

¯̄εi '
√
πωi∗
l0ω̄ti

[(ηi − 2) Λ0 + (ηi − ηci ) (1− ε0 − Λ0)] (8.11)

where ηci is the threshold for ηi associated with weakly
circulating particles. In this context we observe that in
the case where even modes are considered that involve
resonances with trapped particles [14] we have a contri-
bution represented by

¯̄εbi ∝
ωT∗i
ω̄bi

ω2

ω̄2
bi

(
1− 2

3ηi

)
, (8.12)

where ω̄bi is the average bounce frequency of trapped
main ions. Clearly, in this case the value of threshold
parameter ηc is reduced by a factor 3 relative to that
found for ε0 = 0 and is equal to that found when the
effects of finite longitudinal thermal conductivity prevail
as shown by Eq. (8.5).
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In the rest of this section, we evaluate ¯̄εi defined in
Eq. (8.10). We note that

δ
(
ω − p0σωt

)
=
L (Λ, ε0)

|p0σ|ω̄ti
δ (¯̄v − ¯̄vres) (8.13)

where ¯̄v ≡
√
E/Ti and

¯̄vres ≡
ω

p0σω̄ti
L (Λ, ε0) , (8.14)

Eq. (8.10) can be rewritten as

¯̄εi =
2
√
π

3

I0

ωi∗
ω̄ti

∑
σ

∫ 1−ε0

0

dΛL2 (Λ, ε0) (8.15)

·
∫ ∞

0

d¯̄v¯̄v2 exp
(
−¯̄v2

) [
1−

(
3

2
− ¯̄v2

)
ηi

]
·
∑
|p0|≥1

1

|p0|

∣∣∣φ̃(p0) (¯̄v2,Λ, r0

)∣∣∣2 δ (¯̄v − ¯̄vres) .

Upon performing the trivial ¯̄v-integral, Eq. (8.15) reduces
to

¯̄εi =
2
√
π

3

I0

ωi∗
ω̄ti

∑
σ

∑
|p0|>1

1

|p0|

∫ 1−ε0

0

dΛ (8.16)

·L2 (Λ, ε0) ¯̄v2
res exp

(
−¯̄v2

res

)
·
(

1− 3

2
ηi + ¯̄v2

resηi

) ∣∣∣φ̃(p0) (¯̄v2
res,Λ, r0

)∣∣∣2 .
Denoting the two types of Λ-integrals in Eq. (8.16) by

Π1 ≡ 2π
∑
σ

∑
|p0|>1

1

|p0|

∫ 1−ε0

0

dΛL2 (Λ, ε0)

·¯̄v2
res exp

(
−¯̄v2

res

) ∣∣∣φ̃(p0) (¯̄v2
res,Λ, r0

)∣∣∣2
and

Π2 ≡ 2π
∑
σ

∑
|p0|>1

1

|p0|

∫ 1−ε0

0

dΛL2 (Λ, ε0)

·¯̄v4
res exp

(
−¯̄v2

res

) ∣∣∣φ̃(p0) (¯̄v2
res,Λ, r0

)∣∣∣2 ,
Eq. (8.16) can be cast into the form analogous to
Eq. (8.8), i.e.,

¯̄εi = −αci
ωi∗ηi
ω̄ti

(
1− ηci

ηi

)
, (8.17)

Where

αci ≡
√
π

Π1

I0ηci
(8.18)

and

ηci ≡
(

3

2
− Π2

Π1

)−1

. (8.19)

The Λ-integrals in Π1, 2 can be evaluated analytically in
the large aspect ratio limit in which δ ≡ Λ ε0/(1− Λ) <
1. We notice that

θ̇ = σω̄ti ¯̄v

√
1− Λ

1 + ε0 cos θ
' σω̄ti ¯̄v

√
1− Λ

√
1 + δ cos θ,

then

1∣∣∣θ̇∣∣∣ ' 1

ω̄ti ¯̄v
√

1− Λ

[
1 +

3δ2

16
− δ

2
cos θ +

3δ2

16
cos (2θ)

]
,

t (θ) =

∫ θ

0

dθ∣∣∣θ̇∣∣∣ ' 1

ω̄ti ¯̄v
√

1− Λ

[(
1 +

3δ2

16

)
θ

−δ
2

sin θ +
3δ2

32
sin (2θ)

]
,

ωt ' ω̄ti ¯̄v
√

1− Λ

(
1− 3δ2

16

)
,

and

ωtt (θ) ' θ − δ

2
sin θ +

3

32
δ2 sin (2θ) .

Thus,

exp
[
−ip0ωtt (θ)

]
' exp

(
−ip0θ

)
·
[
1− i3p

0δ2

32
sin (2θ)

]
·

{
1−

(
p0δ

4

)2

[1− cos (2θ)] + i
p0δ

2
sin θ

}

for
∣∣p0
∣∣ δ < 1. Furthermore, we note that to the order

of (l0ε0)
2

in the evaluation of ¯̄εi the only relevant φ̃(p0)

in Π1, 2 are those with p0 = ± (l0, l0 ± 1). For the trial

function φ̃ (θ) = φ̃0 sin (l0θ), Eq. (6.16) gives

φ̃(l0) (¯̄v,Λ) ' σ φ̃0

2i

[
1−

(
l0δ

4

)2
]

(8.20)

and

φ̃(l0±1) (¯̄v,Λ) ' ±σ φ̃0

2i

l0δ

4
. (8.21)

Other factors in Π1, 2 can also be expanded in orders
of δ. In particular,

L (Λ, ε0) ' 1√
1− Λ

(
1 +

3δ2

16

)
, (8.22)

¯̄v2
res ' ¯̄v2

res0

(
1 +

3δ2

8

)
, (8.23)
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and

exp
(
−¯̄v2

res

)
' exp

(
−¯̄v2

res0

)(
1− 3δ2

8
¯̄v2
res0

)
(8.24)

where

¯̄v2
res0 ≡

(
ω

p0ω̄ti

)2
1

1− Λ
. (8.25)

We denote each p0-th component of Π1, 2 by Π
(p0)
1, 2 , re-

spectively. All Λ-integrals in Π
(p0)
1, 2 can be transformed

into λ ≡ ¯̄v2
res0-integrals of which the integrands are prod-

ucts of certain polynomials in λ and exp (−λ). For in-
stance,

Π
(l0)
1 ' π|φ̃0|2

l0

∫ 1−ε0

0

dΛ

(
ω

l0ω̄ti

)2
1

(1− Λ)
2

·
[
1− δ2

8

(
2l20 − 6 + 3¯̄v2

res0

)]
exp

(
−¯̄v2

res0

)
' π|φ̃0|2

l0

∫ b
ε0

b

d λe−λ
[
1−

(
l20 − 6 + 3λ

)
(b− λ)

2 ε2
0

8b2

]
where b ≡ ω2/l20ω̄

2
ti. Likewise,

Π
(l0)
2 ' π|φ̃0|2

l0

∫ b
ε0

b

dλλe−λ
[
1−

(
l20 − 9 + 3λ

)
(b− λ)

2 ε2
0

8b2

]
,

Π
(l0+1)
1 ' π|φ̃0|2

l0 + 1

l20ε
2
0

16

∫ b+
ε0

b+

d λ

(
1− λ

b+

)2

e−λ

where b+ ≡ ω2
/[

(l0 + 1)
2
ω̄2
ti

]
,

Π
(l0+1)
2 ' π|φ̃0|2

l0 + 1

l20ε
2
0

16

∫ b+
ε0

b+

d λλ

(
1− λ

b+

)2

e−λ,

Π
(l0−1)
1 ' π|φ̃0|2

l0 − 1

l20ε
2
0

16

∫ b−
ε0

b−

d λ

(
1− λ

b−

)2

e−λ

where b− ≡ ω2
/[

(l0 − 1)
2
ω̄2
ti

]
, and

Π
(l0−1)
2 ' π|φ̃0|2

l0 − 1

l20ε
2
0

16

∫ b−
ε0

b−

d λλ

(
1− λ

b−

)2

e−λ.

Upon performing all the λ-integrals, to the leading or-
ders of b and ( l0ε0/b )

2
we obtain

Π1 = Π
(l0)
1 + Π

(l0−1)
1 + Π

(l0+1)
1

' I0
l0

exp (−b)
(

1− 3

4

ε2
0

b2

)
(8.26)

and

Π2 = Π
(l0)
2 + Π

(l0−1)
2 + Π

(l0+1)
2

' I0
l0

exp (−b)
[
1− 9

4

ε2
0

b2
+ b

]
(8.27)

where we have assumed that l0ε0 < b < 1.
Thus,

αci '
√
π

2l0

(
1 +

9

4

ε2
0

b2
− 3b

)
(8.28)

and

ηci ' 2

(
1− 3ε2

0

b2
+ 2b

)
. (8.29)

We have recovered the critical value for ηi for the plane
geometry as the second term in Eq. (8.29) is neglected.
The last term in Eq. (8.29) corresponds to the correction

proportional to ω2
/

(kqvthi)
2

, which can be included in

Eq. (4.8). For the values of ε0 such that 3ε2
0 > 2b3 but

still compatible with ε0l0 < b, we have ηci < 2.

9. POLOIDAL MAGNETIC FIELD
FLUCTUATIONS

In order to justify the observed electromagnetic fluc-

tuations, we note that Êq = −ikqφ̂ + iω Âq

/
c and up

to this point we have neglected iω Âq

/
c . The estimated

density fluctuations are [16] ñe/ne ' 10−2 × αn, where
αn ∼ 1, while the estimated poloidal magnetic field fluc-
tuations are [17] B̃θ ' (3− 8) × 10−4 T . Then we may
compare

ñe/ne to |ω/kq | [e/(cTe) ]

∫
B̃θdr. (9.1)

If we consider |ω/kq | ∼ vthi and Te ' Ti ' 600 eV, we
may take |ω/kq | ' 2×107 cm/sec in Eq. (9.1). Moreover,
for

Ãq '
∫
B̃θdr ' ¯̃Bθ∆r (9.2)

where ∆r ∼ 1 cm [16] the comparison (9.1) becomes

ñe
ne

to 1.7× 10−3

(
|ω/kq |

2× 107 cm/ sec

)( ¯̃Bθ
5 G

)
(

∆r

1 cm

)(
600 eV

Te

)
.

Thus the electrostatic approximation used in the previous
sections is acceptable but the estimated values of B̃θ have
to be justified. Clearly,

Âq '
4πĴq

ck2
' −i4π∇ · Ĵ⊥

ck2kq
. (9.3)
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In particular, ∇·Ĵ⊥ = ∇·[(ni + ZnI − ne) v̂E ] = 0 at the
stage where the linear description of the mode is valid.

We argue that in the saturated state n̂e/ne remains

' eφ̂
/
Te while the electron radial velocity is v̂Ex. Thus

Γex ≡ 〈n̂ev̂Ex〉 = 0. Consistently with the experimen-
tal observation that injected impurities are promptly ex-
pelled, the impurity radial flux is considered to become
greatly reduced relative to that estimated by quasi-linear
theory that is valid at the start of the mode evolution.
Consequently, |Γix| ≡

∣∣〈n̂iv̂ix〉∣∣ � |〈n̂iv̂Ex〉|, where v̂i is
the main ion radial velocity in the saturated state. As-
suming that n̂i remains of the form

n̂i ' −
eφ̂

Ti
ni (1 + iεsi ) ,

in the saturated state, starting from the initial stage

where n̂i ' −eφ̂ni (1 + i¯̄εi) and ¯̄εi is given by Eq. (8.17),
we argue that

v̂ix ' v̂Ex + ∆v̂ix

where ∆v̂ix ' −iεsi v̂Ex. Correspondingly,

v̂Ix ' v̂Ex + ∆v̂Ix

and

∆v̂Ix ' −iεsi
ni

¯̄T
¯̄nTi

v̂Ex

since Zn̂I ' n̂e − n̂i. Then a current density

Ĵx ' e
(
ni∆v̂

i
x + ZnI∆v̂

I
x

)
= −iεsi eniv̂Ex

(
1 +

ZnI
¯̄T

¯̄nTi

)
' −iεsi eniv̂Ex

has to be considered. We shall take ∇ · Ĵ⊥ '
αJ ∂Ĵx

/
∂x ' αJ Ĵx

/
∆r and in view of Eqs (9.2) and

(9.3) we obtain, for d2
i ≡ c2/ω2

pi,

¯̃Bθ ' i
4πεsi eniφ̃

k∆rkq∆rB

' i
1

k∆rkq∆r

cTi
eB

B

d2
iΩci

× εsi × αn × αJ × 10−2.(9.4)

For kq ' l0/(qR0) ' 2/35 cm−1 ( l0/10) (2.5/q )
· (70 cm/R0 ), ∆r ∼ 1 cm, k ∼ 2 cm−1, Ti ' 600 eV,
ni ' 1.25 × 1014 cm−3 and B ' 5 × 104 G, referring to
the relevant experiments, Eq. (9.4) reduces to∣∣∣∣∣ ¯̃Bθ

B

∣∣∣∣∣ ' 1

2
× εsi × αn × αJ × 10−4

[
2

k∆r

] [
2/35

kq∆r

]

·
[
cTi
eB

/(
1.2× 106 cm2/sec

)] [3 cm

di

]2

·
[

2.4× 108 rad/sec

Ωci

]

and we can see that the resulting values of ¯̃Bθ are in
the range that has been estimated from the experimental
observations.

10. ELECTRON TEMPERATURE
FLUCTUATIONS

If we include the electron temperature fluctuations in
the plasma quasi-neutrality condition, this becomes

Zn̂I =
eφ̂
¯̄T

¯̄n− ne
T̂eq
Te

+ ni
T̂iq
Ti
. (10.1)

It is clear that when considering the ratio of the relevant
collisional longitudinal thermal conductivities or of the
relevant linearized mode-particle resonances T̂eq/Te can
be neglected. On the other hand it is possible that, since
other microscopic modes may be present, the longitudinal
electron thermal conductivity may be depressed and that
electron temperature fluctuations become significant. In
fact, recently A. White concluded that electron tempera-
ture fluctuations of 1 ∼ 2 % were observed in the Alcator
C-Mod experiments on the I-Regime [10].

Indicating the mean free paths of ions and electrons
by λi and λe, we note that for the regimes we con-
sider kqλi ' kqλe ' 4.0 × 102

[
kq
/(

2/35 cm−1
)]
·[

λi ' 7.0× 103 cm (Ti/600 eV)
2
]
·
(
1014cm−3/ni

)
refer-

ring to a series of relevant Alcator experiments. Taking
this into account we write an effective longitudinal ther-
mal energy balance equation as

k2
qD

e
qeffT̂eq + v̂Ex

dTe
dx

+ ηceTe∇qûeq = 0; (10.2)

implying that De
qeff is due to the effect of microscopic

modes that should be present. Then we have

T̂eq
Te
ne '

v̂Ex
k2
q

ne
De

qeff

1

Te

dTe
dx

(
1− ηce

ηe

)
(10.3)

where ηe = (d lnTe/dx)/(d lnne/dx) and ηce has to be
evaluated on the basis of the processes that determine
De

qeff. Consequently, the condition for the instability
of the mode we consider will depend on the difference(
T̂iq

/
Ti

)
ni −

(
T̂eq

/
Te

)
ne.

Finally we note that if we refer to regimes for which
kqλi < 1, another class of collisional modes can be found
with longitudinal phase velocities

(kqλi) vthi <
ω

kq
< vthi .

11. SPONTANEOUS ROTATION

The “spontaneous rotation” of the plasma column ob-
served in the I-Regime is in the same direction as that
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of the main ion diamagnetic velocity (co-current). The
range of this velocity is [6] 20 – 90 km/sec. According to
the Accretion Theory [9] of this phenomenon the pres-
ence of two processes is required:

i). a process to scatter angular momentum to the wall
generating a plasma recoil in the opposite direction, that
of the main ion diamagnetic velocity;

ii). an “inflow” process to transport the generated an-
gular momentum from the edge of the plasma column
toward the center.

The heavy particle mode that we introduced and that
is excited at the edge of the plasma column can provide
the scattering of angular momentum in the same direc-
tion as that of electron diamagnetic velocity to the wall.
For this the formation and launching of plasma blobs may
be envisioned.

As for the inward transport process we envision it to
be represented by a composite transport equation involv-
ing a “diffusion” term and an “inflow” term as described
in Ref. 9. During the transient phase, when the rotation
velocity profile is peaked at the edge of the plasma col-
umn the diffusion term produce inward transport. When
the velocity profile is settled and is peaked at the center
of the plasma column the diffusion term is counteracted
by the inflow term. According to the theory given in Ref.
9 the main inflow is associated with the ion temperature
gradient and it is the result of the excitation of modes

with |ω|2
/
k2
q & v2

thi.

12. CONCLUSIONS

We have identified a new mode that can be excited
in a multi-component plasma with a massive particle
(impurity) population, embedded in a relatively strong
magnetic field. Among the salient characteristics of the
new mode there are: i) its phase velocity that is in
the direction of the electron diamagnetic velocity, ii) the
outward transport of the heavy particle population con-
nected with the inward transport of the main (light) ion
population that it can produce, iii) the driving factors
for the mode being the combined effects of the light ion
population temperature gradient and of the relevant ef-
fective thermal conductivity along the magnetic field and
iv) having a frequency that exceeds slightly the acoustic
frequency of the heavy particle population. These char-
acteristics and the fact that the mode is shown to pro-
duce measurable electromagnetic fluctuations make it a
suitable candidate to explain the features of the 200 kHz
density fluctuations found experimentally in the so-called
I-confinement Regime. In particular, in this regime where
the main ions and the electrons are well confined, impu-
rities have been observed to be localized around the edge
of the plasma column.

One of the strongest limitations of the theory that has
been presented is its formulation for a toroidal confine-
ment configuration having magnetic surfaces of a circular

cross section. In fact, a closer comparison with the ex-
periments that would require a more accurate description
of the mode poloidal profiles, with the characteristic odd
parity that we have identified, will require an extension
of the analysis to geometries like that of characterizing
the Alcator C-Mod machine that have an X-point.

Moreover, given the promising confinement character-
istics of the I-Regime in view of future experiments on fu-
sion burning plasmas, it is worth considering the possibil-
ity to influence the onset and the evolution of the “heavy”
particle mode that we have investigated. In fact, an ex-
perimental effort in this direction is being undertaken by
T. Golfinopoulos. The presence of the electron temper-
ature fluctuations associated with the observed density
fluctuations will require further investigations on the pro-
cess by which the effects of finite electron thermal con-
ductivity are substantially stronger than those expected
from existing theory.
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Appendix

In this section we give the approximate numerical esti-
mates for a set of parameters that are involved in the the-
ory of the Heavy Particle Mode discussed earlier. These
estimates are based on the relevant experimental obser-
vations made by the Alcator C-Mod machine.
• Frequency Range

f & 200 kHz, ω & 1.25× 106 rad · sec−1.

• Spontaneous Rotation Velocity [6]

uφ ' 10 – 120 km · sec−1,

which corresponds to the direction of the main ion dia-
magnetic velocity.
• Toroidal Mode Number, estimated from the experi-

ments [17]

n0 ' 25± 5

• Major Radius of the Plasma Column

R0 ' 68 cm

• Mode Localization Radius

RL = R0 + ∆R ' 88.5 cm

• Unwinding Parameter at R ' RL

q (ψL) ' 2.5
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• Electron Temperature at R ' RL

Te ' 600 eV

• Electron Density at R ' RL

ne ' 1020 m−3

• Dominant Impurity

O+6

• Impurity Parameter

∆ ≡ Z2nI
TI

(
ne
Te

+
ni
Ti

)−1

' 0.3

for Te ' Ti ' TI and considering Zeff ' 1.5 at R ' RL.
• Poloidal Wavelengths

λθ =
2π

〈kθ〉ψ
' 3 – 6 cm

if the flux surface averaged wavenumber 〈kθ〉ψ '
1 – 2 cm−1 as indicated by the experiments [8].
• Toroidal Wavelengths

λφ =
2πR0

n0
' (14 – 21) cm

[
R0

68 cm

] [
20 – 30

n0

]
• Inferred Main Poloidal Mode Number

q (ψL)n0 ' 60

[
5q (ψL)

12

] [n0

25

]
We note that the flux surface averaged poloidal mode
number, 〈m〉ψ can be connected to 〈kθ〉ψ by 〈m〉ψ =

〈kθ〉ψCθ/(2π) where Cθ is the poloidal circumference of
the magnetic surface whose outermost radius is RL. If
we take Cθ/(2π) ' 30 cm, we obtain 〈m〉ψ ' 30 – 60

for 〈kθ〉ψ ' 1 – 2 cm−1. The largest value would be
consistent with the inferred main poloidal mode number
q (ψL)n0.
• Thermal Velocities

vthi ' 2.4× 107

[
Ti

600 eV

] 1
2

cm · sec−1 deuteron

vthI ' 8.5× 106

[
TI

600 eV

] 1
2
[

16mp

mI

]
cm · sec−1impurity

vthe ' 1.5× 109

[
Te

600 eV

] 1
2

cm · sec−1 electron

• Collisional Frequencies

deuterons

νii ' 3.5× 103
[ ni

1014 cm−3

] [ ln Λ

15

] [
600 eV

Ti

] 3
2

sec−1

impurity - deuteron

νIi ' 1.2× 104

[
νii

3.5× 103 sec−1

] [
Z

6

]2 [
mi

2mp

]
·
[

16mp

mI

]
sec−1

impurity - impurity

νII ' 4.4× 104

[
Z2nI

1014 cm−3

] [
ln Λ

15

] [
600 eV

TI

] 3
2

·
[
Z

6

]2 [
16mp

mI

] 1
2

sec−1

• Mean Free Paths

λii ' 6.9× 103

[
vthi

2.4× 107 cm · sec−1

]
·
[

3.5× 103 sec−1

νii

]
cm

λIi ' 7.1× 102

[
vthI

8.5× 106 cm · sec−1

]
·
[

1.2× 104 sec−1

νIi

]
cm

λII ' 1.9× 102

[
vthI

8.5× 106 cm · sec−1

]
·
[

4.4× 104 sec−1

νII

]
cm

• Main Ion Collisionality Parameter

qR0

l0λii
' 1

410

[
10

l0

] [
6.9× 103 cm

λii

] [ q
2.5

] [ R0

68 cm

]
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