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Abstract

Boron-dipyrromethene (BODIPY) molecules are widely used as laser dyes and have

therefore become a popular research topic within recent decades. Numerous studies have

been reported for the rational design of BODIPY derivatives based on their spectro-

scopic and photophysical properties, including absorption and fluorescence wavelengths

(λabs and λfl), oscillator strength (f), nonradiative pathways, and quantum yield (Φ).

In the present work, we illustrate a theoretical, semi-empirical model that accurately

predicts Φ for various BODIPY compounds based on inexpensive electronic structure

calculations, following the data-driven algorithm proposed and tested on the naphtha-

lene family by us [Kohn, Lin, and Van Voorhis, J. Phys. Chem. C. 2019, 123, 15394].

The model allows us to identify the dominant nonradiative channel of any BODIPY

molecule using its structure exclusively and to establish a correlation between the acti-

vation energy (Ea) and the fluorescence quantum yield (Φfl). Based on our calculations,

either the S1 → S0 or La → Lb internal conversion (IC) mechanism dominates in the

majority of BODIPY derivatives, depending on the structural and electronic properties

of the substituents. In both cases, the nonradiative rate (knr) exhibits a straightfor-

ward Arrhenius-like relation with the associated Ea. More interestingly, the S1 → S0

mechanism proceeds via a highly distorted intermediate structure in which the core

BODIPY plane and the substituent at the 1-position are forced to bend, while the

internal rotation of the very same substituent induces the La → Lb transition. Our

model reproduces kfl, knr, and Φfl to mean absolute errors (MAE) of 0.16 decades, 0.87

decades, and 0.26, when all outliers are considered. . These results allow us to validate

the predictive power of the proposed data-driven algorithm in Φfl. They also indicate

that the model has a great potential to facilitate and accelerate the machine learning

aided design of BODIPY dyes for imaging and sensing applications, given sufficient

experimental data and appropriate molecular descriptors.
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Introduction

Boron-dipyrromethene (BODIPY) is the trade name for a family of long-lasting dyes with

a core structure of 4,4-difluoro-4-bora-(3a,4a)-diaza-s-indacene (Fig. 1).1–4 Within recent

decades, BODIPY exhibited great potentials as fluorophores in diverse applications such as

light harvesters in photovoltaics,5–7 light-driven sensors in biological systems,8–10 molecular

linkers in heterojunction structures,11–13 and imaging agents in medical diagnosis.14–16 For

this reason, BODIPY has become a prevalent research subject, leading to more than 20,000

peer-reviewed papers and 1,000 patents over the last five years.

Figure 1: The structure of a BODIPY derivative with eight possible locations of substitu-
tions, labeled from X1 to X8.

The versatility of BODIPY originates from its multiple characteristics, including narrow

absorption and fluorescence peaks, small Stokes shifts, high solubility, solvent-independent

quantum yield, high photostability, and long fluorescence lifetime,1,4,7,17–23 More importantly,

although the core BODIPY plane violates Hückel’s rule, it maintains the aromaticity due to

the rigidity introduced by the coordination of the boron atom.24,25 The original BODIPY

molecule includes seven aromatic hydrogen atoms (in the position of X1 to X7 in Fig. 1) and

two fluorine atoms (in the position of X8 in Fig. 1), and each of them can be replaced by a

variety of functional groups. Each particular combination of substituents presents a unique

electronic and spatial effect, and modulates the spectroscopic and photophysical properties

of the entire molecule in accordance.

The advantages of BODIPY mentioned above have drawn substantial interests from the

fundamental research.2,4,9,22,26–32 For example, the absorption and fluorescence peaks (λabs

and λfl) of BODIPY can be red-shifted (blue-shifted) due to the reduced (increased) electronic
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densities over its chromophore (usually the core BODIPY structure). If X3 (Fig. 1) is the

phenylethynyl group which can extend the range of the π-conjugation, λabs and λfl are both

red-shifted and the fluorescence quantum yield (Φfl) is reduced.24,27,31,33 For another example,

the nonradiative mechanism can depend on the flexibility of the substituent. A bulky and

rigid p-toluamide group as X4 or X5 can form an intramolecular hydrogen bond with a fluorine

atom at X8, which hinders the configurational distortion of the entire molecule. Therefore

any associated nonradiative decay mechanism is retarded and Φfl is elevated.24,26,34,35

The extensive substitution variations span a vast space for the rational design of BODIPY-

based materials with desired spectroscopic and photophysical properties, under multidisci-

plinary collaborations. More specifically, organic syntheses can prepare BODIPY with partic-

ular combinations of substituents,2,4,6,7,17,19,23,24,26,30,33–58 following which the photophysical

properties of these molecules can be investigated via diverse spectroscopic tools.1,9,11,12,18,20,28,29,31,32,41,59–74

However, the peaks that are observed in the electronic spectra can be so broad that the ac-

tual photophysical dynamics and structure-property relations are never precisely illustrated.

To deconvolute this piece of information, theoretical models, especially those constructed

based on quantum mechanics, are essential.24,27,35,43,46,56,58,75–111

In many of these quantum mechanical studies, molecular vibrations and internal rota-

tions have been discovered to participate in the nonradiative decay mechanisms of BODIPY

actively. Therefore an ideal model should be able to include an explicit treatment of relevant

nuclear motions and an ergodic sampling of molecular configurations over relevant potential

energy surfaces (PES), both of which are computationally infeasible if large scale design is

necessary.24,27,30,64,75,81–83,90,94,96,97,100,102,103,112 As an approximate solution, researchers can

also evaluate the key molecular configurations of BODIPY that are involved in the nonra-

diative mechanisms of interest, such as the Franck–Condon (FC) minimum, the minimum

energy conical intersection (MECI), and the transition state, and constructed reduced dimen-

sional PES in the vicinity of these regions. Unfortunately, this treatment is still expensive

given the large size of BODIPY and the multireference character of the far-from-equilibrium
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molecular configurations.29,31,37,40,43,45,50,51,54,55,62,70,76,79,85,87–89,91,93,95,98,101,106–109,111,113–126

To further reduce the computational cost, our group proposed and constructed an al-

ternative approach by using a data-driven, semi-empirical model based on a combination of

inexpensive quantum chemical calculations and experimental spectroscopic data.127 Herein

we focus on the prediction of a key photophysical quantity, the fluorescence quantum yield

(Φfl), which is defined as128–130

Φfl =
# of photons emitted

# of photons absorbed
, (1)

and alternatively, can be translated to experimental observables, as

Φfl =
kfl

kfl + knr

, (2)

where kfl and knr represent the rates associated with the fluorescence and all nonradia-

tive decays respectively. In the previous study,127 we identified the dominant nonradia-

tive pathways for naphthalene derivatives based on their substituents and predicted kfl

and knr to the desired accuracy, using approaches based solely on density functional the-

ory (DFT).112,117,118,120,127,131–145 We also demonstrated that the Arrhenius-like energy gap

law,

kx = Ax exp

(
− Ex

a

kBT

)
, (3)

can be applied to both the conventional internal conversion (x = IC) process (S1 → S0)

and the unconventional intersystem crossing (x = ISC) channels (S1 → Tn≥2), depending on

the substituents.123,127,146–151 In addition, we identified the conical intersection (CI) points

with the distorted molecular configurations through which the S1 → S0 IC pathway must

go,116–118,127,136,138,139,142,144,152–162 and discovered the necessity of evaluating the transition

state to achieve an accurate prediction of EIC
a (Eq. (3)).127

In the present study, we utilize the same prescription to the BODIPY family. Based on
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extensive literature reports, an S1 → T1 ISC is unimportant for BODIPY unless it contains

a heavy atom (Br, I, Fe, etc.) or possesses a dimeric structure.2,4,19,38,42,57,68,69,77,88,95,106,111

Therefore we expect an IC process to occur between two singlet states and to dominate the

nonradiative mechanism. Possible IC channels include the most common relaxation to the

ground state (S1 → S0), the photoinduced isomerization (S1 → S?
1/S?

0), and the intramolec-

ular charge transfer (ICT) reaction from a bright donating state to a dark accepting state

(S1 → S2 or La → Lb).9,12,22,24,26,27,29,30,35,42,46,47,50,51,62,64,66,67,100–102,110,152,163 In the following

sections, we will show that all three IC mechanisms are available in BODIPY, also depending

on the substituents. Based on sufficient experimental data, our proposed model allows us to

predict kfl, knr, and Φfl to the desired accuracy, validating its ability in the planned machine

learning aided design of BODIPY.

Theory

Photophysics of BODIPY

In the present study, we investigate the spectroscopy and photophysics of 100 BODIPY

compounds, for which the eight possible substitution locations are labeled from X1 to X8

in Fig. 1 and Tables S1 and S2 in the Supporting Information. All these molecules are

selected from reliable spectroscopic and photophysical studies reported by experimental re-

searchers.22,24,26,27,29,30,34,35,37,40,45,50,51,59,62–65,67 We present the identities of X1 through X8,

λabs, and λfl of these molecules (compounds 1 through 100) in Tables S1 and S2, their Eabs,

Efl, and |~µfl| in Tables S3 and S4, and their kfl, knr, and Φfl in Tables S5 and S6.

Quantum Yield

The semi-empirical model for Φfl, including all assumptions that are made to simplify the

procedure, can be found in our previous study about naphthalene derivatives.127 In the

present subsection, we will discuss only the salient information and the differences in the
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improved prescription.

In our model, Φfl is evaluated following Eq. (2).127–130 For BODIPY we follow the exper-

imental evidence that only one of the S1 → S0 and S1 → S2 (or La → Lb) ICs is fast enough

to be observed, being at least two orders of magnitude faster than any other nonradiative

channel.9,12,22,24,26,27,29,30,35,42,46,47,50,51,62,64,66,67,100–102,110,152,163 As a result,

knr ' kS1→S0
IC or knr ' kS1→S2

IC . (4)

Here the second singlet excited state (S2) possesses an ICT character and is strongly coupled

with S1. For both IC pathways, we assume the existence of a transition state on the PES of

S1 and a MECI between S1 and S0 or S2 (Fig. 2).

(b) S1(La) → S2(Lb) IC

S0

S2(Lb)
S1(La)

S0

S1

(a) S1 → S0 IC

A

B

C
D

TS

A

B
C

D

TS

E

Figure 2: Schemes of two possible IC pathways: (a) S1 → S0 and (b) S1 → S2 (La → Lb).
On either pathway the molecule starts from the FC minimum on the S1 PES (B) and travels
through an explicit transition state (TS) and a possible intermediate (a local minimum, C)
before it reaches the MECI between S1 and S0 (D) or S2 (E).

Within the following subsections, we will provide more theoretical and computational

details about our semi-empirical model, especially the evaluations of kfl, kIC, and Φfl. Across

the entire study, our results will be compared to the experimental measurements listed

in Tables S3–S6 in the Supporting Information,22,24,26,27,29,30,34,35,37,40,45,50,51,59,62–65,67 and any

difference will be described using the mean absolute error (MAE). All DFT-based calculations

are performed using the Q-Chem 4.4 and 5.0 packages164 at the 6-31G* level. Our semi-

empirical model utilizes odd-numbered species as the training set and provides the essential
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structure-property correlations. The even-numbered species are used as the test set.

Fluorescence Rate

Einstein’s spontaneous emission coefficient165 provides a convenient way to evaluate kfl:

kfl =
4α3E3

fl|~µfl|2

3
. (5)

Here α = 0.0072973525664 is the fine structure constant, and Efl and ~µfl represent the fluo-

rescence energy and transition dipole moment, respectively. Following the widely accepted

Kasha’s rule,166 we assume BODIPY to fluoresce only from its lowest singlet adiabatic ex-

cited state, S1, and always to have enough time to relax to the FC minimum of S1 (labeled

as B in Fig. 2) before it emits a photon.167 In the present study, such a FC minimum is

optimized using time-dependent DFT (TDDFT) along with the Tamm–Dancoff approxima-

tion (TDA)135 to help with the optimization and the ωB97X-D3 exchange–correlation (XC)

functional143 to ensure the appropriate treatment of the possible ICT states. Efl and ~µfl in

Eq. (5) are evaluated at the optimized FC minimum.

Minimum Energy Conical Intersection

As was described in the earlier study,127 we assume that the IC pathway must cross a CI

(labeled as D and E in Fig. 2) between the initial (S1) and final (S0 or S2) states. To

accelerate our calculations and avoid multi-dimensional treatments we approximate the true

CI using MECI, which is evaluated based on the penalty function method with β = 0.02

Hartree.116–120,137,142 These calculations are performed using spin-flip TDDFT (SFDFT)168

as suggested by Martinez and coworkers to make sure of the correct dimensionality169 and

the equal treatment of S0 and S1 which are both “excited states” in the approach. We also

employ the hybrid BHHLYP XC functional170 which has been confirmed to work well on

naphthalene compounds.127
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Reaction Path

Based on our preliminary calculation of unsubstituted BODIPY (compound 1), at the S1/S0

MECI (labeled as D in Fig. 2) the core BODIPY plane is bent along the virtual line

connecting C1 and B atoms, and the C1–H1 (C1–X1) bond is bent towards the same plane

(Fig. 3).70,90,94,102 The configuration can be described using two internal coordinates, γ, the

dihedral angle between two halves of the BODIPY plane, and θ, the X1–C1–B angle. The

structure at the S1/S0 MECI exhibits γ = 136◦ and θ = 115◦.

As this MECI structure is significantly distorted from the planar one associated with the

global minimum of S0 (A) or the FC minimum of S1 (B), we assume the existence of an

intermediate (C) between B and D, which is essentially a local minimum on the S1 PES in

the vicinity of D. The search of this intermediate is accomplished using the TDDFT/TDA135

approach along with ωB97X-D3.143 For the majority of molecules undergoing the S1 → S0 IC,

we are able to locate D easily. On the other hand, we can never find a similar intermediate

along the S1 → S2 (La → Lb) reaction path.24,29,40,41,43–46,50–52,62,78,97

γ

(a) (b)

B B

F F

F
F

H1 (X1)

C1

θ

Figure 3: Structure of the S1/S0 MECI of 1: (a) front view (γ = 136◦) and (b) side view
(θ = 115◦).

After locating all necessary molecular configurations mentioned above, we evaluate the

reaction paths that connect these geometries in a piecewise fashion using the freezing string

method (FSM), which starts from the initial and final geometry simultaneously and opti-

mizes the nodes along a reaction path.136,139,140,144 The calculations are also performed using

TDDFT/TDA135 along with ωB97X-D3.143
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Transition State and Activation Energy

Note that the double-ended FSM cannot relax all relevant degrees of freedom and can

thus overestimate the actual PES by 0.2–0.5 eV as was calibrated by the method devel-

opers.136,139,140,144 As a result, the local maximum along the reaction path (Fig. 2) is never

a fully relaxed transition state without further treatment. However, in most cases FSM still

provides a good guess of the reaction coordinate, which facilitates the following transition

state search.

In the next step, we perform a transition state search, initializing from five most energetic

molecular geometries along the reaction path. This is because a single search can be suscep-

tible to the initial guess and does not necessarily end up with a reasonable transition state

(with a correct value of the reaction coordinate). Our search utilizes the partitioned-rational

function optimization (P-RFO)171 method using TDDFT/TDA135 along with ωB97X-D3,143

and always examines whether the optimized geometry maintains treaction coordinate. The

activation energy, EIC
a , is treated as the difference between the FC minimum (labeled as B

in Fig. 2) and the correct transition state (TS in Fig. 2).

Internal Conversion Rate

Assuming the Arrhenius’ formula (Eq. (3)) is valid for both kS1→S0
IC and kS1→S2

IC , and the

pre-exponential factor (AIC) has a small variation across the BODIPY family, we obtain the

following linear correlation between log10 kIC and EIC
a ,

log10 kIC = log10AIC −
EIC

a

kBT ln 10
, (6)

where log10AIC and (kBT ln 10)−1 are the intercept and slope, respectively. As a result,

effective values of AIC and T can be obtained from the linear regression172 of the correlation

between log10 kIC and EIC
a using all molecules in the training set.
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Results and Discussion

Fluorescence Energies and Rates

In the present section, we will start the assessment of our semi-empirical model by showing

that it has a strong predictive power in kfl, as well as two key factors that determine the

value of kfl (Eq. (5)), Efl and |~µfl|. The absorption energy (Eabs) is also calculated as an

additional calibration of our model. The results are presented in Figs. 4 and 5, and Fig. S1

in the Supporting Information.
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Figure 4: Comparison between theoretical and experimental values of (a) Eabs (eV) in the
training set, (b) Eabs (eV) in the test set, (c) Efl (eV) in the training set, and (d) Efl (eV) in
the test set, for the Kasha emission (S1 → S0) from the FC minimum of S1. The diagonal
lines present the perfect agreement between theory and experiment. The solid and hollow
symbols represent the original values and the corrected ones with the “systematic errors”
removed from Eabs and Efl, respectively.

As shown by the solid symbols in Fig. 4(a) through (d), TDDFT-evaluated Eabs and Efl

exhibit consistent overestimations compared to experimental measurements. The training

set gives MAEs of 0.63 and 0.57 eV for Eabs and Efl, respectively, and the test set presents

0.62 and 0.57 eV. All these MAEs exceed the intrinsic error of the TDDFT approach (usually

< 0.4 eV).173,174 As was observed and discussed by earlier studies, such overestimations can
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Figure 5: Comparison between theoretical and experimental values of (a) |~µfl| (Debye) in the
training set, (b) |~µfl| (Debye) in the test set, (c) kfl (s−1) in the training set, and (d) kfl (s−1)
in the test set, for the Kasha emission (S1 → S0) from the FC minimum of S1. The diagonal
lines present the perfect agreement between theory and experiment. The solid and hollow
symbols represent the original values and the corrected ones with the “systematic errors”
removed from Efl and |~µfl|, respectively.

be attributed to the lack of the vibrational correction and the solvent effect, the deficiency

of the XC functional (EXC), the limited single-reference character of DFT, and the small size

of the 6-31G* basis set.4,22,69,76,81,83,84,102

Herein we treat these overestimations as “systematic errors” and approximate such errors

using the corresponding MAEs of the training set evaluated above. After the estimated

systematic errors are removed from the original calculated values, the new MAEs associated

with the training set are reduced to acceptable values of 0.05 and 0.12 eV for Eabs and Efl

respectively, and those of the test set are decreased to 0.04 and 0.09 eV respectively, as are

illustrated by the hollow symbols in Fig. 4. These reduced MAEs validate our treatments of

error removals and reinstate the reliability and predictability of TDDFT in the FC region.

As is presented by Fig. 5(a) and (b), the TDDFT-evaluated |~µfl| illustrates a similar

systematic error and underestimates the experimental values by an average of 0.39 decades

for both training and test sets. The origin of this error can be attributed to the underes-
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timated overlap integral between the natural transition orbitals (NTO) associated with the

fluorescence and can be reduced by using a larger ω in the XC functional, as we analyze in

Fig. S2 of the Supporting Information. After the removal of this error, the MAEs for the

training and test sets are reduced to 0.06 and 0.07 decades, respectively.

Finally, we plug TDDFT-evaluated Efl and |~µfl| into Eq. (5) and evaluate kfl (Fig. 5(c)

and (d)). Compared to the experimental measurement, our TDDFT calculation underesti-

mates kfl by 0.47 decades on average for both training and test sets. With systematic errors

of Efl and |~µfl| removed, the MAE of kfl is reduced to 0.06 and 0.07 decades for the training

and test sets, respectively. These results are quite accurate.

Internal Conversion between S1 and S0

In the present subsection, we will continue the assessment of our model and show that we

can reach a surprisingly accurate prediction of kIC based on explicitly evaluated EIC
a and

Eq. (6). We will focus our discussion on the IC from S1 back to S0 (Fig. 2(a)), which is

typically a dominant nonradiative mechanism for when an ISC-allowing heavy atom is not

present. This is also the case for most BODIPY derivatives, as was confirmed by multiple

experimental measurements within recent decade.4,24,27,29,30,46,64,66,67,101

In our earlier study about naphthalene, we discovered that the appropriate reaction

coordinate associated with the S1 → S0 pathway involves the distortion of the substituent

linked to the 1-position.127 A similar analysis is conducted for BODIPY in the present study.

As is discussed in the Theory section, kIC should strictly follow the Arrhenius expression

(Eq. (3)) due to the existence of an energy barrier (EIC
a ). Therefore, we anticipate the linear

correlation presented by Eq. (6) to always hold for the S1 → S0 channel, as long as we can

identify and evaluate the appropriate EIC
a .
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Internal Coordinates and Reaction Paths

In Fig. S3 of the Supporting Information, we show our attempted search of a simple linear free

energy relation (LFER) that allows us to describe EIC
a using the global and local minima on

relevant PES’s. However, this attempt fails – a simple LFER is far from sufficient to describe

the S1 → S0 IC, and explicit evaluations of the reaction path and further the transition state

are necessary for a quantitative study. For 77 BODIPY molecules being investigated in the

present study, the bright, locally excited (LE) S1 state and the dark, ICT S2 state do not

switch their energy order at the adiabatic FC minimum. Therefore these species are believed

to proceed with S1 → S0 IC rather than S1 → S2.

Using FSM, we scan the adiabatic PESs of S0 and S1 in a piecewise fashion from the

absorption geometry (labeled as A in Fig. 6) to the S1/S0 MECI (D), and make sure they

pass two necessary configurations, the FC minimum of S1 (B) and the distorted intermediate

between B and D (C). The reaction paths are illustrated along with the geometries of all

these key configurations (A–D and TS1,2) in Figs. S3–S79 in the Supporting Information.

The non-relaxing issue of FSM mentioned above can explain the wavy PESs at the joints of

intervals. The transition state searches are performed between B and C (TS1) and between

C and D (TS2). The S1 → S0 reaction path for compound 83 illustrates a representative

configurational evolution of BODIPY (Fig. 6). These configurations are described using

angles τ , γ, and θ, and their distributions are displayed in Fig. S100 in the Supporting

Information.

For all 77 molecules in question, configurations A and B possess very similar planar core

structures with only slightly different τ values. Due to the steric hindrance between a bulky

X1 and the BODIPY plane, τ usually lies between 50◦ and 90◦ (Fig. S100). For example, in

83 we observe τA = 89.6◦ and τB = 77.1◦. Previous studies pointed out that the propeller-

like internal rotation of a conjugating X1 group enhances the S1 → S0 transition owing to the

vibrational coupling and thus decreases the fluorescence capacity of the dye.26,35 This result

is consistent with the small Stokes shifts obtained from both experiments and calculations
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Figure 6: (a) PESs (eV) for S0 and S1 are illustrated in a piecewise manner along the reaction
path of the S1 → S0 transition for 83. The x-axis is the implicit reaction coordinate (R.C.).
This reaction path passes all necessary configurations, including the absorption geometry
(A), the emissive geometry (B), the distorted intermediate (C), and the S1/S0 MECI (D), as
well as the two transition states (TS1,2). The structures associated with these configurations
are also presented, along with (b) the three angles γ, θ, and τ that contribute to R.C.

for these molecules (0.14 eV versus 0.16 eV in 83) and validates that B is a reasonable FC

minimum near A. Interestingly, B is not necessarily the global minimum of S1 as it can

have a higher energy than C, and therefore it was not always identified by earlier theoretical

studies on BODIPY that targeted at the global minimum.30,70,82,89,90,94,102,111

Configurations of C and D also share very similar distorted geometries with 110◦ < γ <

155◦ and 100◦ < θ < 130◦. Meanwhile, the steric hindrance between X1 and the main plane

has been relieved, allowing X1 to rotate freely and reducing the value of τ to 0◦ < τ < 40◦

in most of the cases. Such a configurational change occur regardless of the character of the

substituents (Fig. S100). Based on this analysis, γ, θ, and τ are the major components of

the reaction coordinate associated with the S1 → S0 transition.

In addition, in some BODIPY compounds the X4 and X5 substituents can form extremely

strong intramolecular hydrogen bonds with the fluorine atoms, leading to energetically inac-

cessible transition states and shutting down the S1 → S0 channels at the room temperature.

For instance, such a hydrogen bond is formed between −NH− and F in 28 and exhibits

EIC
a = 16.05 eV. This observation indicates that an alternative nonradiative mechanism like

the S1 → S2 IC has to be examined, which will be discussed in a later subsection.
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Activation Energies and Internal Conversion Rates

Given the challenge in the direct measurement of a transition state, we have to rely solely on

explicit calculations. Herein we will show in detail that the evaluated transition states for

molecules in the training set can form a reasonable Arrhenius-like correlation with kexp
nr with

a small variation in AIC. The calculated kTDDFT
IC based on this correlation will reproduce

kexp
nr accurately for the test set.

In most of our transition state searches, TS1 and TS2 end up with identical, reasonable

geometries that can thus be considered as the best approximation for the true transition state

(TStrue). For others the more reasonable one between TS1 and TS2 (and usually the one

with the higher energy as well) is selected as TStrue. To establish the relation between kexp
nr

and EIC
a , we plot them for the training set in Fig. 7(a).22,24,26,27,29,30,34,35,37,40,45,50,51,59,62–65,67
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Figure 7: (a) Correlation between kexp
nr (s−1) and EIC

a (TStrue) (eV) is presented for the training
set (red). The result of pseudo least square fit is also included (solid black line) along with
deviations of one decade in AIC (dashed gray lines). (b) Comparison between kexp

nr (s−1)
and kTDDFT

IC (s−1) is presented for the training (red) and test (black) sets. The diagonal
dashed line presents the perfect agreement between theory and experiment, and the other
two dashed lines show errors of 0.75 decades in kTDDFT

IC .

Fig. 7(a) provides an apparent negative and close-to-linear correlation between log10 k
exp
nr

and EIC
a (TStrue), with a small fluctuation in AIC as expected (approximately one decade).

These results confirm our earlier assumption that these BODIPY derivatives share the same

S1 → S0 pathway and exhibit very close values for AIC.

To acquire a quantitative relation between log10 k
exp
nr versus EIC

a (TStrue) as is formulated

in Eq. (6), we perform a pseudo-linear regression for the training set. Here the slope,
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a = −1/(kBT ln 10), is taken as the average slope of the connecting lines of the most marginal

points. The intercept, b = log10AIC, is obtained from the least square fit of all data points

at the fixed, predetermined a. In this way, we obtain a = −8.13 eV−1 and b = 10.24, which

correspond to a temperature of Teff = 620 K and a pre-exponential factor of AIC = 1.72×109

s−1. Teff is significantly larger than the room temperature (298 K) where the experiments

were performed. However, bearing in mind that all possible EIC
a ’s are on the same magnitude

with the systematic error of TDDFT, the linear correlation obtained here can be considered

valid. More importantly, as long as such a linear relationship persists, even the predetermined

slope is off, the predictive power and reliability of our training set are not compromised.

The obtained values of Teff and AIC are used to construct kTDDFT
IC for the training and test

sets, as illustrated in Fig. 7(b). Here we can clearly observe that the majority of kTDDFT
IC ’s

lie very close to the diagonal line for both sets. Only a few outliers are identified, probably

due to the incorrect descriptions of their transition states. The MAEs associated with all

molecules in the training and test sets are 0.72 and 0.75 decades, respectively. In both sets,

MAEs associated with 40% of BODIPY molecules are less than 0.50 decades, and those

for another 25% are positioned between 0.50 and 1.00 decades. These errors are randomly

distributed on both sides of the diagonal line. This accuracy is comparable to our previous

study about naphthalene derivatives127 and is acceptable given the systematic error of the

TDDFT-evaluated energy and the existence of occasional outliers.

Finally, it is worth mentioning that a stable configuration of C does not necessarily

exist between B and D or cannot be located successfully, such as in 41 (Fig. S35 in the

Supporting Information). For these molecules, we skip the configurational search of C and

evaluate the reaction path between B and D instead. As a result, the following search of

TStrue is initiated from the local maximum in this large interval. We discover that failing to

locate such a distorted intermediate does not affect the character of TStrue.
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Intramolecular Charge Transfer Reactions

In the present section, we will examine the ICT channel (Fig. 2(b)) as an alternative nonra-

diative pathway for BODIPY where the energy order of LE and ICT states swap at the FC

minimum of the adiabatic S1 state. This occurs for 20 of the BODIPY molecules in question,

including 1, 7, 11, 55, 91, 93, 95, 97, and 99 in the training set and 8, 10, 12, 28, 50,

52, 92, 94, 96, 98, and 100 in the test set. Earlier spectroscopic studies indicated that an

ICT channel can dominate the nonradiative decay for BODIPY with particular substituents,

especially when X1 is a non-conjugating heterocyclic functional group. Such an ICT decay

proceeds via the bond mechanism (spatial overlap between states) or the space mechanism

(spectral overlap like Forster’s theory).9,12,24,26,29,35,42,46,50,51,62,66,67,100–102,110,163

Automatic Diabatization of Singlet Excited States

To facilitate the discussion in the present subsection and those that follow, we herein redefine

the states of S1 and S2 based on the TDDFT-calculated transition dipole moments.

In the standard adiabatic framework, Sad
1 and Sad

2 are always the lowest and second lowest

singlet excited states that are generated by the TDDFT calculations, respectively. While in

the diabatic picture, which is more appropriate to describe the ICT mechanism, Sdi
1 (LE)

and Sdi
2 (ICT) are differentiated by the directions of their transition dipole moments (~µdi

1,2)

to S0.

Based on earlier research and our calculations, the fluorescence coming from Sdi
1 is an

La-type transition for which ~µdi
1 aligns with the a-axis. At the same time, the Sdi

2 → S0

transition is Lb-type with ~µdi
2 parallel to the b-axis.9,12,24,26,29,35,42,46,50,51,62,66,67,100–102,110,163

(See Fig. 9(b).) Herein we define the angle from the a-axis to ~µn as αn, we can always

expect αdi
1 = 0◦ or 180◦ and αdi

2 = 90◦ or 270◦ at the completely diabatized space. To

simplify our notation in the following subsections, we use S1,2 to represent Sad
1,2, and La,b for

the Sdi
1,2 states.

19



Reaction Paths and Internal Coordinates

In the present subsection, we will conduct a more detailed analysis of structural and energetic

evolution along the La → Lb pathway, and will show that the internal rotation of X1 is

essential to this channel but is not necessarily the exclusive contributor. Here we assume

this ICT mechanism to occur much faster than the competing La → S0 IC but much slowlier

than the following Lb → S0 IC so that it serves as the rate-determining step as needed.
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Figure 8: (a) En (eV) and (b) αn (◦) for S1 (red line), S2 (blue line), La (green circle), and
Lb (orange circle), are presented along the reaction path of the La → Lb transition for 92.
The x-axis is the implicit reaction coordinate (R.C.). This reaction path passes all necessary
configurations, including the absorption geometry (A), the approximate emissive geometry
(B′), the FC minimum of Lb (C), and the La/Lb MECI (E), as well as the two transition
states (TS3,4). The structures associated with these configurations are also presented, along
with the definitions of angles αn.

In Fig. S80–S99 of the Supporting Information, we illustrate the adiabatic PESs for S0,

S1, and S2 states along the La → Lb reaction path for molecules mentioned in the previous
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subsection. In Fig. 8, we use 92 as the representative molecule to illustrate in detail the

evolution of E1,2,a,b, α1,2,a,b, and molecular configurations. By doing this, we will validate

that La and Lb switch energy order at the S1/S2 (La/Lb) MECI.

When the molecule remains in the vicinity of the absorption geometry (labeled as A in

Fig. 8), E1(Ea) < E2(Eb), α1(αa) ' 0◦ and α2(αb) ' 90◦ hold for most of the geometries,

indicating that the adiabatic state S1(2) and the diabatic state La(b) are mostly the same

state. However, when the molecule enters the vicinity of the S1/S2 (La/Lb) MECI (E),

we can clearly observe E1(Ea) and E2(Eb) approaching each other, and more importantly,

α1(αa) and α2(αb) start to deviate significantly from 0◦ and 90◦. This result exhibits an

apparent mixing of La- and Lb-type transitions in the CI seam, getting ready to flip their

energy order. Once the molecule has passed the CI seam, we observe the characters of S1

and S2 to have exchanged in accordance as α1(αb) > 110◦ and α2(αa) ' 0◦. This behavior

validates a completed La → Lb transition before arriving at the FC minimum of Lb (C).

Again, TS3 and TS4 represent the evaluated transition states in the interval between A and

E and between E and C, respectively.

The molecular geometries associated with these key configurations differ by each other in

the torsion angle, τ (Fig. 8). This indicates that τ is probably a critical contributor to the

internal coordinate associated with the La → Lb transition, especially when X1 is connected

to C1 through a non-conjugating heteroatom and functions via vibronic couplings, as we

have observed here as well. In general, the reaction path illustrates a gradual change in τ .

For instance, in 92 τ takes the values of 1.7◦, 12.8◦, 26.6◦, 54.2◦, 80.9◦, and 87.8◦ for A, B′

(defined below), TS3, E, TS4, and C (Fig. 8).

On the contrary, if X1 is conjugated with the core BODIPY structure (e.g., X1 = C6H5

or (4-CH3)C6H4), τ does not seem to participate in the reaction coordinate. As an example,

for 50 τ = 55.4◦, 50.2◦, 46.4◦, 47.1◦, 46.5◦, and 45.4◦ for the configurations mentioned

above, showing a minimal change along the reaction path. This also happens to 52 and

55. For these molecules, the La → Lb channel might not have a well-defined simple reaction
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coordinate.

In addition, as the local minima of La and Lb both sit in the FC region of A, and are

only separated by low-lying TS3 and/or TS4 and E, we have to be very cautious whether we

acquire the FC minimum of La (B, not shown in Fig. 8) or Lb (C) from a TDDFT optimiza-

tion. If an optimization had located C rather than B, kfl would have been underestimated

by at least four orders of magnitude due to a vanishing |~µb|. When this occurs, we locate

an approximate B using the local minimum between A and C (naming it B′), and evaluate

all La-related properties such as Efl and ~µfl using B′. The calculations of kfl’s reported in

earlier sections have already reflected this treatment.

Activation Energies and Internal Conversion Rates

In the present subsection, we will show that our best approximation of EIC
a for the La → Lb

transition can form another reasonable Arrhenius-like correlation with kexp
nr with a small

variation in AIC. The calculated kTDDFT
IC based on this correlation will reproduce kexp

nr to a

reasonable extent for the test set.

In principle, EIC
a of interest here should be treated as the difference between B and

the better guess of the transition state between TS3 and TS4. However, in practice this

treatment can always experience a problem as both B and TS3,4 are very difficult to locate.

To reduce human workload, we use the maximum of the calculated TS3, TS4, and E as the

approximate real transition state (TS′true) and B′ as B when it is needed.

With all approximations and treatments described above, we illustrate the close-to-linear

correlation between kexp
nr

27,34,35,50,51 and EIC
a for relevant molecules in Fig. 9(a), with a

small variation in A′IC. Following a similar pseudo-linear regression analysis to the S1 →

S0 transition, we obtain a slope of a′ = −11.42 eV−1 and an intercept of b′ = 11.62, which

correspond to A′IC = 4.16× 1011 s−1 and T ′eff = 441 K.

After we plug T ′eff and A′IC into the linear correlation, we obtain kTDDFT
IC for the training

and test sets (Fig. 9(b)). Herein the reproduction of kexp
nr for the La → Lb transition is not
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Figure 9: (a) Correlation between kexp
nr (s−1) and Ea(TS′true) (eV) is presented for the training

set (red). The result of pseudo least square fit is also included (solid black line) along with
deviations of one decade in A′IC (gray dotted lines). (b) Comparison between kexp

nr (s−1)
and kTDDFT

IC (s−1) is presented for the training (red) and test (black) sets. The diagonal
dashed line presents the perfect agreement between theory and experiment, and the other
two dashed lines show errors of 1.50 decades in kTDDFT

IC .

as good as the S1 → S0 transition, but is still considered reasonable (with MAEs of 1.06

and 1.61 decades, as impacted by some outliers). Such a worse result can be attributed to

the difficulty in treating the localized valence excitation and the charge transfer excitation

on equal footing in TDDFT. A more extensive training set and a more effective algorithm

to search for the FC minimum of the La state can potentially provide a stronger predictive

power, but they are beyond the scope of the present study.

Reproduction of Quantum Yields

In the present section, we will conclude our analysis and assess our ability to reproduce

Φexp
fl based on our TDDFT-evaluated kTDDFT

fl and kTDDFT
IC , with the results presented in Fig.

10(a) and (b) for BODIPY compounds undergoing the S1 → S0 and La → Lb transitions,

respectively.

Herein we plug our evaluated kTDDFT
fl and kTDDFT

IC into Eq. (1) and compare the resulting

ΦTDDFT
fl with Φexp

fl . For molecules undergoing the S1 → S0 transition the MAEs are 0.26 and

0.25 for the training and test sets, respectively. This result is surprisingly accurate given

that the MAEs associated with kTDDFT
IC are 0.75 and 0.72 decades for these two sets and the

range of kTDDFT
IC spans over four orders of magnitude. On the other hand, molecules that
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(b) La → Lb transitions. The diagonal dashed lines show the perfect agreement between
theory and experiment. The other two dashed lines show errors of ±0.25.

are dominated by the La → Lb transition exhibit a much worse performance, with MAEs

of 0.24 and 0.32 for the training and test sets, respectively, as was expected earlier. This is

probably due to the intrinsic problem in the treatment of the ICT state from our model and

TDDFT itself, as was discussed in the previous subsection.

Substitution Effects

The existence of the ICT state (Lb) and the ICT-inducing La → Lb transition in BODIPY

indicate that their spectroscopy and photophysics can be modulated by the electronic prop-

erties. Herein we will show that both the external electronic properties (solvent, discussed

in the Supporting Information) and the internal ones (substituent, reviewed here) can play

an important role in their spectroscopy and photophysics.

In the planned machine learning study of the photophysics, we aim to seek the effective

molecular descriptors that are closely related to the substitutions. In earlier subsections, we

have briefly discussed the steric and electronic effects of various substituents. For example,

we discover that the rotation of the heteroatom-linking X1 substituent facilitates the La → Lb

transition, and a less rigid molecule (with a greater Stokes shift) exhibits an easier-to-access

distorted transition state of the S1 → S0 process. Φfl is reduced in both situations.24,127,175 In

the present subsection, we will revisit the substitution effects that were sporadically discussed

but were reported to play an important role in the fluorescence and nonradiative mechanisms
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of BODIPY,4,22,24,29,50,51 in a semi-quantitative manner.

Here the substitution effects are characterized using the correlations between an exper-

imentally measurable property or a computationally inexpensive ground state one and an

experimentally difficult quantity or a computationally expensive excited state one. Exam-

ples of the former include Efl, kfl, ~µfl, and the projection of the permanent dipole moment

along the b-axis, |~µ⊥| (as defined in Fig. 9). Those of the latter include EIC
a , and the total

relative CHELPG charge on the BODIPY core structure, C(k)
core (as defined in Eq. (7) where

k represents compound k, noting that k = 1 represents the original BODIPY molecule).

C(k)
core = −

8∑
i=1

[
c

(k)
Xi
− c(1)

Xi

]
(7)

We explore many correlations like these and report most significant ones in Fig. 11. Here

|~µfl| and kfl both illustrate rough linear relations with C(k)
core with positive slopes, while kTDDFT

IC

exhibit a negative slope (Fig. 11(a)–(c)). This can be rationalized by the electronic properties

of the substituents. When the electronic density is distributed more on the surrounding

electron-withdrawing substituents rather than the core BODIPY plane where the center of

the mass is located, a more positive value is exhibited by C
(k)
core (e.g. C

(65)
core = 1.37 a.u.).

This leads to a larger |~µfl| (|~µ(65)
fl | = 10.75 Debye) and a larger kfl (k(65)

fl = 2.62 × 108 s−1)

as a result. At the same time, the conjugation of the core BODIPY plane is strengthened,

keeping the plane from bending and slowing down the S1 → S0 mechanism (E(65)
a = 0.34

eV and k(65)
IC = 2.83× 107 s−1). An opposite trend is expected with more electronic density

retained at the core BODIPY structure (more negative C(k)
core).22 For example, for compound

69, we obtain C(69)
core = 0.09 a.u., |~µ(69)

fl | = 5.68 Debye, k(69)
fl = 7.40 × 107 s−1, E(69)

a = 0.14

eV, and k(69)
IC = 1.25× 109 s−1.

On the other hand, the direction and magnitude of the permanent dipole moment are

alternative characterizations of the electron distribution on the core BODIPY structure.

BODIPY presents a smaller |~µ⊥| with electron-withdrawing X4,5 substituents and electron-
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Figure 11: Correlation between (a) Ccore (a.u.) and |~µTDDFT
fl | (Debye), (b) Ccore (a.u.) and

kTDDFT
fl (s−1), (c) Ccore (a.u.) and kTDDFT

IC (s−1), (d) EIC
a (eV) and ETDDFT

fl , (e) EIC
a (eV)

(Debye) and |~µDFT
⊥ |, and (f) |~µDFT

⊥ | and kTDDFT
fl (s−1). The pseudo-linear regression (solid

black) and guiding (dashed gray) lines are also provided.

donating X1,2,7 groups (e.g. compound 72 has |~µ(72)
⊥ | = 0.70 Debye). In this situation, the

induction effect shifts the electron density to the positive b-direction and thus strengthens

the steric hindrance near the C1 region. As a result, the change of the reaction coordinate

of the S1 → S0 IC (as a combination of γ, θ and τ , defined in Fig. 6) becomes more difficult,

and the resulting EIC
a (kIC) is higher (lower) (E(72)

a = 0.36 eV and k(72)
IC = 1.98 × 107 s−1).

Meanwhile, this shifted density also boosts up HONTO and reduces Efl (E(72)
fl = 1.88 eV),

showing opposite trends between Efl and EIC
a (Fig. 11(d)–(f)). The overall result agrees

with earlier discussions conducted by ours127 and others.24,175

The semi-quantitative, cheminformatic discussions that are conducted in the present

subsection can be considered as a starting point for the construction of a machine learning

model, which allows us to predict the spectroscopic and photophysical properties of BODIPY

and other fluorophores of interest using experimentally measurable and computationally

inexpensive properties. These properties can serve as the molecular descriptors, more of

which will be discovered and explored in a more systematic study.
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Conclusion and Future Work

In the present study, we construct a TDDFT-based, semi-empirical model that allows us to

predict the dominant nonradiative mechanism and Φfl of BODIPY based exclusively on its

structure. Our model is established based on a training set of 50 molecules using minimal

computational resources, and is applied to the test set of another 50 molecules. Using our

model, we are able to reproduce kfl and kIC with MAEs of 0.16 and 0.87 decades, respectively,

for all molecules. As a result, the value of Φfl is determined accurately with a MAE of 0.26.

First, we manage to reproduce kfl using TDDFT-evaluated Efl and |~µfl|. After removing

the systematic errors introduced by the formalism of TDDFT, we obtain the MAEs of 0.10

eV, 0.06 decades, and 0.16 decades for Efl, |~µfl|, and kfl, respectively, all within the error bar

of TDDFT.

One exciting aspect lies in the ICT transition that converts the adiabatic S1 state from

a bright La state to a dark Lb state and significantly quenches the fluorescence for some

BODIPY molecules. This La → Lb transition is induced by the torsion between the X1 group

and the BODIPY plane in most of the molecules in question, and its evaluated EIC
a ranges

from 0.01 to 0.56 eV. In a polar environment, the transition states are more energetically

accessible, speeding up the ICT transition.

For most of BODIPY derivatives, on the other hand, the S1 → S0 mechanism is more

favorable and can occur via configurationally distorted transition state and intermediate.

The reaction coordinate for this S1 → S0 channel includes significant contributions from

intramolecular angles γ, τ , and θ. Therefore the channel can be blocked in an extremely

rigid compound that is difficult to bend. The EIC
a ’s associated with the best approximate

transition states range from 0.05 to 0.64 eV. Compared to the S1 → S0 channel, the mechan-

ical understanding of the La → Lb pathway is understood less well, and indicates room for

improvement for our algorithm.

For either IC mechanism, the simple LFER is not sufficient to provide a reasonable guess

of the effective activation energy. Instead an explicit evaluation of the transition state is
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necessary. The resulting EIC
a can reliably reproduce knr based on the Arrhenius expression

(Eq. (6)), with an overall MAE of 0.87 decades when all outliers are considered. Here the

total MAEs associated with the S1 → S0 and La → Lb channels are 0.74 and 1.35 decades,

showing that the latter contribute more to the outliers as expected. For each transition, AIC

(A′IC) has a small variation across the BODIPY family, and therefore its explicit evaluation

can be avoided. This leaves a simple linear regression based on Eq. (6) to be adequate

enough to reproduce knr.

Beyond understanding the nonradiative mechanism and predicting Φfl, the proposed data-

driven model can make a significant contribution to the rational design of BODIPY-based

materials. For example, as the light harvester in photovoltaics, the compound should exhibit

a minimal Φfl to avoid any energy loss. On the contrary, an imaging agent should possess

the maximum Φfl at the desired λfl to make sure it is efficient and does not impact tissues

via heat. This can be accomplished by identifying the nonradiative mechanism based on

the substituents and evaluating the corresponding MECI or transition state following our

algorithm.

However, the explicit evaluation of transition states and MECIs are still time-consuming

if the computational resource is limited. This can be accelerated by introducing a higher

level machine learning algorithm176–178 that can correlate Φfl or EIC
a to an easy-to-evaluate

molecular descriptor, preferably a ground state property. In the present study, we initiate

the exploration of reasonable molecular descriptors, and identify C(k)
core, |~µ⊥|, and Efl, etc. as

the potential candidates. In the next study, we plan to formulate the relationship mentioned

above by performing a more systematic machine learning investigation with carefully selected

molecular descriptors.

We also anticipate extending the present semi-empirical model from the BODIPY family

to other fluorophores that can be modulated by internal and external electronic properties

and that are of a broad interest in the field of spectroscopy and photophysics, such as rylene

imides179 and cyanines.180 The current algorithm will also be optimized to realize a higher-
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level automation.
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Summary of Structures and Photophysical Data

In the present section, we list the identities of X1 through X8, λabs, and λfl of all BODIPY

molecules that are investigated in the present study, labeled as compounds 1 through 100,

in Tables S1 and S2, their Eabs, Efl, and |~µfl| in Tables S3 and S4, and their kfl, knr, and Φfl

in Tables S5 and S6. All these photophysical data are extracted from experiments.

Table S1: X1–X8, λabs, and λfl for compounds in the training set.

# X1 X2 X3 X4 X5 X6 X7 X8 λabs (nm) λfl (nm)
1S1 H H H H H H H F 503.5 510.5
3S2 CH3 H H CH3 CH3 H H F 501.0 510.0
5S3 CH3 CH3 H CH3 CH3 H CH3 F 499.5 512.0
7S4 CH3 CH3 C2H5 CH3 CHC(C12H8) H H F 589.0 611.5
9S5 CH3 CH3 C2H5 CH3 CH3 C2H5 CH3 F 522.5 537.2
11S6 CH3 CH3 C2H5 CH3 NH2 H H F 522.0 538.0
13S3 CH3 CH3 C2H5 CH3 Cl H H F 510.5 520.5
15S3 CH3 CH3 C2H5 CH3 Cl Cl H F 521.0 531.0
17S3 CH3 CH3 Cl CH3 CH3 Cl CH3 F 527.0 542.5
19S2 C(CH3)3 H H H H H H F 508.0 555.0
21S7 CH2OCOCH3 CH3 C2H5 CH3 CH3 C2H5 CH3 F 547.6 561.0
23S7 (CH2)5OCOCH3 CH3 C2H5 CH3 CH3 C2H5 CH3 F 524.0 533.5
25S8 C6H5 H H CH3 CH3 H H F 512.0 524.0
27S9 C6H5 H H CONHCH2C6H5 CONHCH2C6H5 H H F 532.0 548.0
29S9 C6H5 H H CONH(CH2)2OH CONH(CH2)2OH H H F 530.0 546.0
31S10 C6H5 CH3 CHCHC6H5 CH3 CH3 CHCHC6H5 CH3 F 575.0 628.0
33S11 C6H5 CH3 Br CH3 CH3 Br CH3 F 522.0 538.0
35S12 C6H5 C12H8 H H C12H8 F 630.0 648.0
37S3 (4-CH3)C6H4 H H H H H H F 500.5 516.0
39S13 (4-CH3)C6H4 H H C6H5 OCH3 H H F 532.0 553.0
41S13 (4-CH3)C6H4 H H CHCHC6H5 CHCHC6H5 H H F 630.0 642.0
43S13 (4-CH3)C6H4 H H CCC6H5 CCC6H5 H H F 615.0 626.0
45S14 (4-CH3)C6H4 H H [4-CHC(CN)2]C6H4 [4-CHC(CN)2]C6H4 H H F 572.0 622.5
47S15 (4-CH3)C6H4 H H CH(COOC2H5)2 CH(COOC2H5)2 H H F 515.0 527.0
49S14 (4-CH3)C6H4 H H [4-CHC(COOCH3)2]C6H4 [4-CHC(COOCH3)2]C6H4 H H F 575.5 618.0
51S16 (4-CH3)C6H4 H H NHC6H5 Cl H H F 529.0 567.0
53S15 (4-CH3)C6H4 H H OCH3 OCH3 H H F 513.0 525.0
55S6 (4-CH3)C6H4 H NO2 H H H H F - -
57S3 (4-CH3)C6H4 H Cl H H Cl H F 538.0 555.0
59S3 (4-CH3)C6H4 H Cl (4-CHO)C6H4 (4-CHO)C6H4 Cl H F 574.0 605.0
61S3 (4-CH3)C6H4 H Cl Cl Cl Cl H F 546.5 557.5
63S17 (4-CH3)C6H4 CH3 CCC6H5 CH3 CH3 CCC6H5 CH3 F 532.0 547.0
65S17 (4-CH3)C6H4 CH3 CCC5H4N CH3 CH3 CCC5H4N CH3 F 564.5 582.0
67S17 (4-CH3)C6H4 CH3 CC[(3-COOCH3)C5H3N] CH3 CH3 CC[(3-COOCH3)C5H3N] CH3 F 563.5 580.0
69S18 [4-C(CH3)3]C6H4 H H H H H H F - -
71S9 (4-CN)C6H4 H H CONHCH(CH3)2 CONHCH(CH3)2 H H F 538.0 557.0
73S8 (4-COOCH3)C6H4 H H CH3 CH3 H H F 515.0 533.0
75S12 [4-N(CH3)2]C6H4 C12H8 H H C12H8 F 621.0 636.0
77S8 [4-N(C4H8)O]C6H4 H H CH3 CH3 H H F 590.0 520.0
79S19 (4-OH)C6H4 H H CH3 CH3 H H F 510.0 521.0
81S8 (4-OCH3)C6H4 H H CH3 CH3 H H F 510.0 521.0
83S18 (2,6-2CH3)C6H3 H H H H H H CH3 - -
85S12 [3,4-C8H16O5]C6H3 C12H8 H H C12H8 F 626.0 642.0
87S11 (2,4,6-3CH3)C6H2 CH3 H CH3 CH3 H CH3 F 498.0 508.0
89S11 (2,4,6-3CH3)C6H2 CH3 I CH3 CH3 I CH3 F 530.0 547.0
91S20 CCC6H5 H H H H H H F 544.0 558.0
93S1 NC5H10 H H H H H H F 435.0 492.0
95S1 NC4H8O H H H H H H F 439.5 496.0
97S20 NHCH2C6H5 H H H H H H F 422.0 469.0
99S1 NHCH2(2-C4H3O) H H H H H H F 423.0 478.5
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Table S2: X1–X8, λabs, and λfl for compounds in the test set.

# X1 X2 X3 X4 X5 X6 X7 X8 λabs (nm) λfl (nm)
2S18 H CH3 H CH3 CH3 H CH3 F - -
4S2 CH3 CH3 H CH3 CH3 H H F 494.0 504.0
6S3 CH3 CH3 C2H5 CH3 H H H F 504.0 515.0
8S6 CH3 CH3 C2H5 CH3 H NO2 H F 476.0 530.0
10S4 CH3 CH3 C2H5 CH3 CH(C12H8)2 H H F 521.0 529.5
12S6 CH3 CH3 C2H5 CH3 NO2 H H F 474.0 556.0
14S3 CH3 CH3 C2H5 CH3 Cl H Cl F 504.0 526.0
16S3 CH3 CH3 Cl CH3 CH3 H CH3 F 512.0 525.5
18S2 (CH2)2CH3 H H H H H H F 497.0 505.0
20S2 (CH2)4CH3 H H H H H H F 497.0 507.0
22S7 (CH2)3OCOCH3 CH3 C2H5 CH3 CH3 C2H5 CH3 F 524.9 533.5
24S18 C6H5 H H H H H H F - -
26S9 C6H5 H H CONHCH(CH3)2 CONHCH(CH3)2 H H F 530.0 546.0
28S9 C6H5 H H CONH[(4-CH3)C6H4] CONH[(4-CH3)C6H4] H H F 548.0 563.0
30S11 C6H5 CH3 H CH3 CH3 H CH3 F 497.0 507.0
32S10 C6H5 CH3 C(CH2){[4-N(CH3)2]C6H4} CH3 CH3 C(CH2){[4-N(CH3)2]C6H4} CH3 F 529.0 559.0
34S11 C6H5 CH3 I CH3 CH3 I CH3 F 528.0 564.0
36S18 (2-CH3)C6H4 H H H H H H F - -
38S13 (4-CH3)C6H4 H H C6H5 C6H5 H H F 553.0 585.0
40S13 (4-CH3)C6H4 H H C6H5 Cl H H F 530.0 553.0
42S13 (4-CH3)C6H4 H H CHCHC6H5 Cl H H F 569.0 581.0
44S13 (4-CH3)C6H4 H H CCC6H5 Cl H H F 564.0 575.0
46S3 (4-CH3)C6H4 H H (4-CHO)C6H4 (4-CHO)C6H4 H H F 561.0 597.5
48S15 (4-CH3)C6H4 H H CH(COOC2H5)2 Cl H H F 514.0 526.0
50S6 (4-CH3)C6H4 H H NH2 H H H F 499.0 515.5
52S6 (4-CH3)C6H4 H H NO2 H H H F 509.0 519.0
54S3 (4-CH3)C6H4 H H Cl Cl H H F - -
56S3 (4-CH3)C6H4 H Cl H H H H F 518.5 534.5
58S3 (4-CH3)C6H4 H Cl (4-CHO)C6H4 (4-CHO)C6H4 H H F 566.0 599.0
60S3 (4-CH3)C6H4 H Cl Cl Cl H H F 530.0 542.0
62S17 (4-CH3)C6H4 CH3 CCC6H5 CH3 CH3 H CH3 F 536.5 564.5
64S17 (4-CH3)C6H4 CH3 CCC5H4N CH3 CH3 H CH3 F 532.5 549.0
66S17 (4-CH3)C6H4 CH3 CC[(3-COOCH3)C5H3N] CH3 CH3 H CH3 F 532.0 547.0
68S3 (4-CH3)C6H4 Cl Cl Cl Cl Cl Cl F 537.0 548.5
70S8 (4-CN)C6H4 H H CH3 CH3 H H F 519.0 543.0
72S12 (4-CN)C6H4 C12H8 H H C12H8 F 642.0 668.0
74S8 [4-N(CH3)2]C6H4 H H CH3 CH3 H H F 508.0 518.0
76S8 [4-N(C5H10)]C6H4 H H CH3 CH3 H H F 509.0 519.0
78S19 (3-OH)C6H4 H H CH3 CH3 H H F 512.0 525.0
80S19 (4-OH)C6H4 H H Cl Cl H H F 515.0 527.0
82S12 (4-I)C6H4 C12H8 H H C12H8 F 633.0 654.0
84S18 (2,6-2CH3)C6H3 H H H H H H F - -
86S19 (3-Cl)(4-OH)C6H3 H H CH3 CH3 H H F 513.0 526.0
88S11 (2,4,6-3CH3)C6H2 CH3 Br CH3 CH3 Br CH3 F 524.0 538.0
90S19 (6-OH)(2-C10H6) H H CH3 CH3 H H F 512.0 527.0
92S1 NC4H8 H H H H H H F 409.5 472.5
94S1 NC4H8NH H H H H H H F 440.0 498.0
96S1 NHC6H5 H H H H H H F 423.0 478.5
98S1 N(CH3)CH2C6H5 H H H H H H F 424.0 475.0
100S20 OC6H5 H H H H H H F 457.0 497.0
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Table S3: Eabs, Efl, and |~µfl| for compounds in the training set.

Eabs (eV) Efl (eV) |~µfl| (Debye)
# exp theorya theoryb exp theorya theoryb exp theorya theoryb

1S1 2.46 3.20 2.57 2.43 3.20 2.63 6.63 2.63 6.48
3S2 2.47 3.07 2.44 2.43 2.98 2.40 6.91 2.64 6.52
5S3 2.48 3.08 2.45 2.42 2.93 2.36 7.22 2.73 6.73
7S4 2.10 3.04 2.41 2.03 2.34 1.76 9.56 3.42 8.44
9S5 2.37 2.96 2.33 2.31 2.80 2.23 6.58 2.91 7.19
11S6 2.38 3.01 2.38 2.30 3.01 2.44 8.71 3.01 7.44
13S3 2.43 3.10 2.47 2.38 2.89 2.31 6.97 2.80 6.90
15S3 2.38 3.06 2.43 2.33 2.85 2.28 7.25 2.85 7.03
17S3 2.35 2.98 2.35 2.29 2.82 2.25 7.41 2.82 6.96
19S2 2.44 3.11 2.48 2.23 2.54 1.96 3.55 1.99 4.90
21S7 2.26 2.84 2.21 2.21 2.71 2.13 5.94 2.91 7.18
23S7 2.37 2.94 2.31 2.32 2.93 2.36 5.82 2.93 7.24
25S8 2.42 3.04 2.41 2.37 2.93 2.35 6.95 2.55 6.29
27S9 2.33 2.90 2.27 2.26 2.79 2.21 5.69 2.44 6.02
29S9 2.34 2.92 2.29 2.27 2.80 2.23 4.83 2.50 6.16
31S10 2.16 2.76 2.13 1.97 2.51 1.94 16.31 4.36 10.75
33S11 2.38 2.95 2.32 2.30 2.84 2.26 6.13 2.95 7.28
35S12 1.97 2.64 2.01 1.91 2.51 1.94 10.28 3.88 9.58
37S3 2.48 3.19 2.56 2.40 2.96 2.39 5.68 2.19 5.41
39S13 2.33 2.92 2.29 2.24 2.77 2.19 8.47 3.26 8.05
41S13 1.97 2.52 1.89 1.93 2.34 1.77 11.41 4.18 10.32
43S13 2.02 2.49 1.86 1.98 2.34 1.77 9.07 2.79 6.88
45S14 2.17 2.70 2.07 1.99 2.40 1.83 7.84 4.23 10.45
47S15 2.41 2.99 2.36 2.35 2.99 2.42 8.09 2.59 6.40
49S14 2.15 2.72 2.09 2.01 2.72 2.14 8.19 3.70 9.12
51S16 2.34 2.93 2.30 2.19 2.70 2.12 7.55 3.50 8.63
53S15 2.42 3.04 2.41 2.36 2.90 2.33 8.04 2.88 7.10
55S6 - 3.25 2.62 - 3.19 2.61 - 2.74 6.75
57S3 2.30 3.05 2.42 2.23 2.79 2.22 6.09 2.31 5.69
59S3 2.16 2.80 2.17 2.05 2.60 2.03 7.31 3.35 8.26
61S3 2.27 2.93 2.30 2.22 2.83 2.26 6.70 2.84 7.01
63S17 2.16 2.78 2.15 2.07 2.64 2.07 9.14 4.30 10.62
65S17 2.20 2.82 2.19 2.13 2.70 2.13 9.03 4.35 10.75
67S17 2.20 2.82 2.19 2.14 2.71 2.14 9.10 4.60 11.35
69S18 - 3.19 2.56 - 3.05 2.48 - 2.30 5.68
71S9 2.30 2.87 2.24 2.23 2.75 2.17 5.88 2.49 6.15
73S8 2.41 3.02 2.39 2.33 2.88 2.31 6.63 2.54 6.26
75S12 2.00 2.67 2.04 1.95 2.55 1.98 10.19 3.82 9.44
77S8 2.44 3.05 2.42 2.38 2.95 2.38 7.09 2.52 6.23
79S19 2.43 3.05 2.42 2.38 2.95 2.38 7.75 2.54 6.27
81S8 2.43 3.05 2.42 2.38 2.95 2.38 6.89 2.53 6.25
83S18 - 3.21 2.58 - 3.10 2.52 - 2.33 5.75
85S12 1.98 2.63 2.00 1.93 2.50 1.93 10.30 3.72 9.17
87S11 2.49 3.04 2.41 2.44 2.96 2.39 6.77 2.66 6.56
89S11 2.34 - - 2.27 - - 7.63 - -
91S20 2.28 3.02 2.39 2.22 3.02 2.45 6.17 2.48 6.12
93S1 2.85 3.47 2.84 2.52 3.18 2.60 3.86 2.41 5.95
95S1 2.82 3.46 2.83 2.50 3.21 2.64 6.16 2.41 5.96
97S20 2.94 3.67 3.04 2.64 3.67 3.10 5.35 2.17 5.36
99S1 2.93 3.62 2.99 2.59 3.62 3.04 6.77 2.19 5.41

a TDDFT-evaluated results with systematic errors retained.
b TDDFT-evaluated results with systematic errors removed.
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Table S4: Eabs, Efl, and |~µfl| for compounds in the test set.

Eabs (eV) Efl (eV) |~µfl| (Debye)
# exp theorya theoryb exp theorya theoryb exp theorya theoryb

2S18 - 3.03 2.40 - 2.93 2.36 - 2.82 6.95
4S2 2.51 3.10 2.47 2.46 2.97 2.39 7.00 2.68 6.79
6S3 2.46 3.14 2.51 2.41 2.89 2.31 7.31 2.59 6.57
8S6 2.60 3.27 2.64 2.34 2.99 2.41 7.52 3.12 7.92
10S4 2.38 2.99 2.36 2.34 2.83 2.26 7.86 3.01 7.63
12S6 2.62 3.17 2.54 2.23 2.87 2.30 6.53 2.93 7.45
14S3 2.46 3.08 2.45 2.36 2.82 2.24 6.84 2.86 7.27
16S3 2.42 3.04 2.41 2.36 2.88 2.30 7.29 2.76 7.01
18S2 2.49 3.20 2.57 2.46 3.02 2.45 6.61 2.24 5.69
20S2 2.49 3.20 2.57 2.45 3.04 2.47 6.59 2.25 5.71
22S7 2.36 2.93 2.30 2.32 2.48 1.91 5.96 2.75 6.97
24S18 - 3.18 2.55 - 2.95 2.37 - 2.19 5.57
26S9 2.34 2.91 2.28 2.27 2.79 2.22 6.42 2.50 6.34
28S9 2.26 2.85 2.22 2.20 2.71 2.14 1.26 2.25 5.71
30S11 2.49 3.06 2.43 2.45 2.97 2.39 7.02 2.73 6.94
32S10 2.34 2.91 2.28 2.22 2.78 2.20 7.74 3.38 8.59
34S11 2.35 - - 2.27 - - 7.27 - -
36S18 - 3.18 2.55 - 2.92 2.35 - 2.18 5.55
38S13 2.24 2.79 2.16 2.12 2.61 2.03 9.92 3.21 8.14
40S13 2.34 2.92 2.29 2.24 2.76 2.19 - 3.12 7.91
42S13 2.18 2.77 2.14 2.13 2.60 2.02 9.36 3.94 10.00
44S13 2.20 2.76 2.13 2.16 2.60 2.03 9.89 3.30 8.39
46S3 2.21 2.79 2.16 2.08 2.54 1.97 8.34 3.48 8.82
48S15 2.41 3.02 2.39 2.36 2.92 2.35 7.44 2.66 6.76
50S6 2.48 3.13 2.50 2.41 2.85 2.27 7.69 2.81 7.13
52S6 2.44 3.14 2.51 2.39 3.14 2.57 6.35 2.48 6.31
54S3 - 3.06 2.43 - 2.97 2.39 - 2.69 6.82
56S3 2.39 3.12 2.49 2.32 2.85 2.28 6.01 2.16 5.48
58S3 2.19 2.80 2.17 2.07 2.56 1.99 7.46 3.44 8.72
60S3 2.34 3.00 2.37 2.29 2.90 2.33 7.16 2.74 6.95
62S17 2.31 2.92 2.29 2.20 2.74 2.17 7.53 3.37 8.56
64S17 2.33 2.95 2.32 2.26 2.81 2.24 7.84 3.49 8.87
66S17 2.33 2.95 2.32 2.27 2.83 2.26 7.96 3.64 9.25
68S3 2.31 2.95 2.32 2.26 2.87 2.30 8.24 3.10 7.87
70S8 2.39 3.00 2.37 2.28 2.85 2.28 7.08 2.55 6.47
72S12 1.93 2.60 1.97 1.86 2.46 1.88 10.61 3.87 9.82
74S8 2.44 3.07 2.44 2.39 2.97 2.40 6.59 2.51 6.37
76S8 2.44 3.06 2.43 2.39 2.97 2.39 6.61 2.50 6.36
78S19 2.42 3.03 2.40 2.36 2.92 2.34 7.19 2.55 6.46
80S19 2.41 3.07 2.44 2.35 2.98 2.40 7.67 2.67 6.79
82S12 1.96 - - 1.90 - - 10.09 - -
84S18 - 3.18 2.55 - 2.99 2.42 - 2.22 5.64
86S19 2.42 3.03 2.40 2.36 2.93 2.35 7.44 2.54 6.44
88S11 2.37 2.95 2.32 2.30 2.86 2.28 6.92 2.90 7.37
90S19 2.42 3.04 2.41 2.35 2.93 2.36 7.46 2.53 6.42
92S1 3.03 3.64 3.01 2.62 3.64 3.07 17.17 2.05 5.19
94S1 2.82 3.46 2.83 2.49 3.21 2.64 8.37 2.40 6.09
96S1 2.93 3.59 2.96 2.58 3.08 2.51 6.85 2.13 5.41
98S1 2.92 3.64 3.01 2.61 3.64 3.07 6.90 2.17 5.51
100S20 2.71 3.42 2.79 2.49 3.42 2.84 6.65 2.42 6.13

a TDDFT-evaluated results with systematic errors retained.
b TDDFT-evaluated results with systematic errors removed.
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Table S5: EIC
a , kfl, kIC, and Φfl for compounds in the training set.

EIC
a (eV) kfl (108 s−1) kIC (108 s−1) Φfl

theorya exp theorya theoryb exp theorya exp theoryb

1S1 0.38 1.48 0.53 1.79 0.06 0.19 0.96 0.90
3S2 0.47 1.61 0.43 1.38 0.01 0.03 0.99 1.00
5S3 0.24 1.74 0.44 1.39 0.17 1.81 0.91 0.43
7S4 0.09 1.79 0.35 0.91 0.66 408.36 0.73 0.00
9S5 0.29 1.25 0.44 1.34 0.54 0.71 0.70 0.65
11S6 0.49 2.18 0.58 1.88 0.07 0.01 0.97 0.99
13S3 0.14 1.54 0.44 1.38 0.43 12.11 0.78 0.10
15S3 0.16 1.57 0.44 1.37 0.32 8.61 0.83 0.14
17S3 0.28 1.54 0.42 1.29 0.23 0.88 0.87 0.59
19S2 0.16 0.33 0.15 0.43 8.76 8.11 0.04 0.05
21S7 0.26 0.89 0.39 1.18 0.72 1.43 0.55 0.45
23S7 0.22 1.00 0.51 1.62 0.75 2.65 0.57 0.38
25S8 0.21 1.50 0.38 1.21 0.37 3.20 0.80 0.27
27S9 0.35 0.88 0.30 0.92 0.61 0.24 0.59 0.79
29S9 0.43 0.64 0.32 0.99 0.92 0.06 0.41 0.94
31S10 0.18 4.81 0.71 1.98 235.58 5.62 0.02 0.26
33S11 0.31 1.08 0.47 1.44 5.75 0.55 0.16 0.72
35S12 0.34 1.74 0.56 1.57 0.01 0.31 0.99 0.84
37S3 0.07 1.05 0.29 0.94 28.30 46.36 0.04 0.02
39S13 0.22 1.90 0.53 1.60 4.80 2.93 0.28 0.35
41S13 0.34 2.20 0.53 1.38 0.10 0.30 0.96 0.82
43S13 0.50 1.50 0.23 0.62 0.01 0.02 0.99 0.98
45S14 0.28 1.14 0.58 1.56 1.01 0.98 0.53 0.61
47S15 0.16 2.00 0.42 1.36 1.20 8.53 0.63 0.14
49S14 0.10 1.27 0.64 1.92 1.00 24.39 0.56 0.07
51S16 0.28 1.40 0.56 1.67 3.70 0.87 0.27 0.66
53S15 0.18 2.00 0.48 1.49 13.30 6.03 0.13 0.20
55S6 0.27 0.04 0.57 2.56 999.96 3.10 - -
57S3 0.10 0.97 0.27 0.83 5.38 28.84 0.15 0.03
59S3 0.23 1.08 0.46 1.33 1.70 2.29 0.39 0.37
61S3 0.21 1.16 0.43 1.33 1.37 3.58 0.46 0.27
63S17 0.35 1.73 0.80 2.34 0.74 0.22 0.70 0.91
65S17 0.34 1.85 0.88 2.62 0.76 0.28 0.71 0.90
67S17 0.23 1.90 0.99 2.95 0.81 2.26 0.70 0.57
69S18 0.14 0.13 0.35 0.74 1.69 12.50 0.07 0.06
71S9 0.41 0.90 0.30 0.91 2.09 0.09 0.30 0.91
73S8 0.20 1.30 0.36 1.13 17.10 4.21 0.07 0.21
75S12 0.37 1.81 0.57 1.62 0.08 0.17 0.96 0.91
77S8 0.20 1.60 0.38 1.22 3.00 4.32 0.35 0.22
79S19 0.20 1.90 0.39 1.24 2.30 4.45 0.45 0.22
81S8 0.20 1.50 0.39 1.23 2.00 4.33 0.43 0.22
83S18 0.57 0.89 0.38 1.52 1.81 0.00 0.33 1.00
85S12 0.49 1.79 0.51 1.42 0.01 0.02 0.99 0.99
87S11 0.64 1.56 0.43 1.38 0.10 0.00 0.94 1.00
89S11 - 1.59 - - 74.17 - 0.02 -
91S20 0.27 0.98 0.40 1.29 0.46 3.17 0.68 0.29
93S1 0.22 0.56 0.44 1.46 7.57 12.71 0.07 0.10
95S1 0.31 1.39 0.45 1.53 3.76 1.06 0.27 0.59
97S20 0.40 1.24 0.55 2.01 0.80 0.11 0.61 0.95
99S1 0.40 1.87 0.53 1.94 0.04 0.11 0.98 0.95

a TDDFT-evaluated results with systematic errors retained.
b TDDFT-evaluated results with systematic errors removed.
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Table S6: EIC
a , kfl, kIC, and Φfl for compounds in the test set.

EIC
a (eV) kfl (108 s−1) kIC (108 s−1) Φfl

theorya exp theorya theoryb exp theorya exp theoryb

2S18 0.52 1.51 1.83 1.72 0.13 0.01 0.92 0.99
4S2 0.38 1.71 0.44 1.48 0.01 0.13 0.99 0.92
6S3 0.08 1.75 0.38 1.26 0.07 38.51 0.96 0.03
8S6 0.10 1.70 0.61 2.07 1.49 288.40 0.53 0.01
10S4 0.40 1.86 0.48 1.57 0.05 0.12 0.97 0.93
12S6 0.12 1.11 0.48 1.57 5.42 187.91 0.17 0.01
14S3 0.05 1.44 0.43 1.40 1.09 71.29 0.57 0.02
16S3 0.27 1.64 0.43 1.41 0.16 1.03 0.91 0.58
18S2 0.32 1.52 0.33 1.11 0.08 0.44 0.95 0.72
20S2 0.32 1.49 0.33 1.15 0.04 0.41 0.97 0.74
22S7 0.19 1.05 0.27 0.79 0.76 4.77 0.58 0.14
24S18 0.33 0.14 1.02 1.07 2.08 0.35 0.06 0.75
26S9 0.44 1.13 0.32 1.03 0.42 0.05 0.73 0.96
28S9 0.01 0.04 0.24 0.75 999.96 3438.45 0.00 0.00
30S11 0.30 1.69 0.46 1.55 1.13 0.57 0.60 0.73
32S10 0.24 1.54 0.58 1.85 1.60 1.99 0.49 0.48
34S11 - 1.45 - - 79.19 0.02 -
36S18 0.25 1.60 1.44 1.57 0.12 1.59 0.93 0.50
38S13 0.37 2.20 0.43 1.31 4.40 0.18 0.33 0.88
40S13 0.20 - 1.50 1.58 - 3.94 0.08 0.29
42S13 0.31 2.00 0.64 1.94 0.80 0.53 0.71 0.79
44S13 0.41 2.30 0.45 1.37 0.01 0.09 1.00 0.94
46S3 0.35 1.46 0.47 1.40 1.25 0.23 0.54 0.86
48S15 0.13 1.70 0.42 1.39 2.00 14.97 0.46 0.08
50S6 0.56 1.93 0.43 1.40 110.50 0.00 0.02 1.00
52S6 0.04 1.29 0.45 1.58 8.50 1469.69 0.13 0.00
54S3 0.18 - 1.84 1.89 - 6.20 - 0.00
56S3 0.07 1.06 0.25 0.84 10.40 46.28 0.09 0.02
58S3 0.30 1.16 0.47 1.40 1.60 0.68 0.42 0.67
60S3 0.19 1.44 0.43 1.42 1.13 4.99 0.56 0.22
62S17 0.33 1.41 0.55 1.75 0.79 0.39 0.64 0.82
64S17 0.31 1.66 0.64 2.07 0.58 0.49 0.74 0.81
66S17 0.31 1.73 0.71 2.32 0.58 0.54 0.75 0.81
68S3 0.21 1.84 0.54 1.77 2.25 3.24 0.45 0.35
70S8 0.19 1.40 0.35 1.16 16.80 5.23 0.08 0.18
72S12 0.36 1.69 0.52 1.51 0.09 0.20 0.95 0.88
74S8 0.18 1.40 0.39 1.32 2.30 6.08 0.38 0.18
76S8 0.18 1.40 0.38 1.30 2.90 6.49 0.33 0.17
78S19 0.21 1.60 0.38 1.26 4.80 3.55 0.25 0.26
80S19 0.46 1.80 0.44 1.50 1.10 0.03 0.62 0.98
82S12 - 1.63 - - 0.14 0.00 0.92 -
84S18 0.41 1.41 1.39 1.41 0.11 0.08 0.93 0.95
86S19 0.19 1.70 0.38 1.26 4.40 4.67 0.28 0.21
88S11 0.53 1.37 0.46 1.51 5.08 0.01 0.21 0.99
90S19 0.21 1.70 0.38 1.27 8.10 3.47 0.17 0.27
92S1 0.13 12.50 0.47 1.83 237.00 123.10 0.05 0.01
94S1 0.26 2.54 0.45 1.60 2.64 4.62 0.49 0.26
96S1 0.36 1.90 0.31 1.08 0.06 0.36 0.97 0.75
98S1 0.48 1.99 0.53 2.05 0.01 1.00 -
100S20 0.12 1.61 0.55 2.03 0.18 157.43 0.90 0.01

a TDDFT-evaluated results with systematic errors retained.
b TDDFT-evaluated results with systematic errors removed.
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Systematic Error in Transition Dipole Moments

In order to explore the origin of the systematic error associated with |~µfl|, we calculate

the natural transition orbitals (NTO) associated with the fluorescence for 1, 56, 62, and

90 and illustrate them in Fig. S1(a). The dominant orbital transition in fluorescence

can be attributed to a deexcitation of a single electron from the lowest unoccupied NTO

(LUNTO) back to the highest occupied NTO (HONTO). In agreement with earlier stud-

ies,S2,S4,S6,S10,S11,S13,S14,S17,S19–S38 Fig. S1(a) indicates that HONTO has a π-character and

aligns with the a-axis of the core BODIPY structure. Also, it does not extend to the X1

substituent. Meanwhile, LUNTO has a π∗-character with an orthogonal symmetry, and can

be delocalized into X1 (56, 62, and 90). This makes a partial ICT character for the fluores-

cence along b-axis (Fig. S1(a)). In addition, the ~µfl vector is always parallel with the a-axis,

leading to a La-type, π∗ → π transition.

Under this situation, |~µfl| can be underestimated due to the underestimated overlap

integral between HONTO and LUNTO.S39–S42 This problem can be partially fixed using

a greater percentage of exact exchange in the total XC functional. For the same set of

compounds, we re-evaluate the |~µfl|’s using the LRC-ωPBEh functionalS43 with a few different

range-separated parameters, ω, and find that a large ω can monotonically increase the value

of |~µfl| and reduce its error (Fig. S1(b)).S44 Therefore a reparameterized version of ωB97X-D3

with a large ω can improve the prediction of |~µfl|.
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Figure S1: (a) HONTO and LUNTO associated with the fluorescence of 1, 56, 62, and 90,
as well as the long (a) and short (b) axes. (b) The positive correlation between |~µfl| (Debye)
and ω (a−1

0 , a0 = bohr) for 1 (black square), 56 (red circle), 62 (blue up triangle), and 90
(pink down triangle).
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Failed Attempts in Linear Free Energy Relation

Following the procedure reported in our study of naphthalene derivatives,S45 we start our

exploration using the linear free energy relation (LFER) proposed as the Bell–Evans–Polanyi

model,S46,S47 which assumes that EIC
a is proportional to a selected, easy-to-evaluate energy

gap in an IC mechanism. Herein we will show that the global and local minima on relevant

PES’s are not sufficient to describe such an energy gap.

We attempted the LFER between EIC
a and the adiabatic IC gap (Ead

IC), which is the

difference between the FC minimum of S1 (labeled as B in Fig. 2 of the main text) and the

global minimum of S0 (A), and the experimental Stokes shift (Eexp
SS ).S48 In addition, we also

consider ES0/S1

MECI, the energy difference between the S1/S0 MECI (D) and B, as well as Eiso,

the isomerization energy between B and the distorted intermediate (C). In Fig. S2(a)–(d),

we construct the scattered plots using the experimental knr’s (kexp
nr ) versus all energy gaps

mentioned above in the hope of finding a reasonable LFER.
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Figure S2: Attempted correlations between kexp
nr (s−1) and (a) Ead

IC (eV), (b) Eexp
SS (eV), (c)

E
S0/S1

MECI (eV), and (d) ES1
iso (eV). No obvious linear correlation is found in any case.

We can observe a very rough negative correlation between kexp
nr and Ead

IC or ES0/S1

MECI or

ES1
iso, indicating a positive correlation between any energy mentioned above and EIC

a of the
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proposed S1 → S0 mechanism. On the other hand, Eexp
SS characterizes the flexibility of the

molecule and illustrates a very rough positive correlation with kexp
nr , demonstrating that a

more flexible molecule has a less energetic IC channel.

However, all our attempted searches for a reasonable linear correlation miserably fails,

like in our previous study.S45 Therefore we can draw a similar conclusion that a simple

LEFR is not valid in any situations we have explored so far and a single-step, barrierless

transition does not suffice to explain the photophysics observed in the experiments. Instead,

there exists at least one transition state along the IC reaction path (Fig. 2 in the main

text) which should be evaluated in an explicit manner, and the difference between the FC

minimum and this transition state is possibly a better approximation of EIC
a . This analysis

requires us to input more structural and energetic details of the molecules.
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Reaction Paths for S1 → S0 Internal Conversion

In the present section, we will illustrate the PESs (eV) for S0, S1, and S2 states in a piecewise

manner along the reaction path of the S1 → S0 transition. The x-axis is the implicit reaction

coordinate (R.C.). This reaction path passes all necessary configurations, including the

absorption geometry, the emissive geometry, the distorted intermediate, and the S1/S0 MECI.

The structures associated with these configurations are also presented.
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Reaction Paths for S1 → S2 Internal Conversion

In the present section, we will illustrate the PESs (eV) for S0, S1, and S2 states in a piecewise

manner along the reaction path of the La → Sb transition. The x-axis is the implicit reaction

coordinate (R.C.). This reaction path passes all necessary configurations, including the

absorption geometry, the La/Lb MECI, the FC minimum of S1, the distorted intermediate,

and the S1/S0 MECI. The structures associated with these configurations are also presented.
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Configurational Evolution of Molecules in Internal Con-

version

In the present section, we will present the distributions of important intramolecular angles

that contribute significantly to the reaction coordinates of the S1 → S0 transition. From the

adsorption geometry (A) to the S1/S0 MECI (D), we can observe a very apparent change of

the molecular configurations.
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Figure S100: Distributions of important intramolecular angles, γ, τ , and θ, that are used to
describe the reaction coordinate of the S1 → S0 IC. A and D represent the global minimum
on the S0 PES and the S1/S0 MECI, respectively. All notations follow the definitions in Fig.
5 of the main text.
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Solvent Effects

Throughout the present study, all spectroscopic and photophysical quantities are calculated

in the gas phase, which manages to simulate the environment provided by a non-polar,

aprotic solvent such as cyclohexane and toluene. Only solvents like those are included in

the experimental dataset that was utilize here.S1–S6,S8–S20 However, thousands of literature

have reported that the energetics of the ICT state can depend on solvent-related properties,

especially the dielectric constant (ε) and the refractive index (n). They are both considered

in the polarizable continuum model (PCM) that was utilized in our study. Herein we will

show that ε and n introduce only a slight effect to the S1 → S0 IC mechanism but a significant

one to La → Lb.

In order to validate our hypothesis, we re-evaluate En and ~µn along the reaction paths

for two representative species, 83 (S1 → S0, Figs. S101(a) and S102(a)) and 92 (La → Lb,

Figs. S101(b) and S102(b)) in the presence of solvents. This is accomplished by using PCM

in polar solvents, acetonitrile (ε = 37.5, n = 1.33934) for 83 and methanol (ε = 32.7,

n = 1.33141) for 92, respectively. Energetically, the reaction paths evaluated in the presence

of solvents are not significantly shifted from the gas phase results, so that the qualitative IC

mechanisms are not altered. However, the photophysics does not necessarily remain intact.

For 83, in acetonitrile the states of S1 and S2 are only slightly and randomly varied within

the error of TDDFT (∼ 0.15 eV), including the S1/S0 MECI. The only exception exists near

the distorted intermediate. (e.g., C was upshifted by 0.25 eV.) As a result, EIC
a (provided by

TS1) is downshifted from 0.59 eV to 0.53 eV, slightly enlarging kIC for the S1 → S0 channel

but does not modify the overall mechanism. On the other hand, in methanol, La (LE) of

92 is barely affected but Lb (ICT) is consistently downshifted by an average of 0.12 eV. To

agree with this observation, TS3 (LE) and TS4 (ICT) are downshifted by 0.01 eV and 0.17

eV, respectively. As a result, the new La/Lb MECI (E ′) that provides the new EIC
a appears

“earlier” (at a smaller reaction coordinate) and “lower” (if allowed to relax fully) than the gas

phase (E). This change can enlarge kIC for the La → Lb IC mechanism. At the same time,
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in such polar environments |~µ1| and |~µa| are consistently enlarged by a factor of 1.1 to 1.2,

slightly enhancing the fluorescence. Assuming AIC remains constant across all solvents, we

can qualitatively conclude that a polar environment can marginally raise Φfl for molecules

with an open S1 → S0 channel but significantly reduce Φfl for those undergoing La → Lb.

Our conclusion agrees with earlier theoretical and experimental studies.S49
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Figure S101: En (eV) is evaluated (a) for S0 (black), S1 (red) and S2 (blue) in the gas phase
(solid) and in the acetonitrile solvent (dashed) for 83 along the S1 → S0 IC reaction path,
and (b) for La (green) and Lb (orange) for 92 in the gas phase (solid) and in the methanol
solvent (dashed) along the La → Lb IC reaction path. The configurations A, B, C, D, E,
and TS1,2,3,4 follow the definition in Figs. 6 and 8 in the main text, respectively. and E ′

represents the shifted La/Lb MECI in methanol.
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(b) for La (green) and Lb (orange) for 92 in the gas phase (solid) and in the methanol
solvent (dashed) along the La → Lb IC reaction path. The configurations A, B, C, D, E,
and TS1,2,3,4 follow the definition in Figs. 6 and 8 in the main text, respectively. and E ′
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